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Abstract

A polarimetric radiometer is a radiometer with the capability to measure the
correlation information between vertically and horizontally polarized electric fields. To
better understand and calibrate this type of radiometer, several research efforts have been
undertaken.

1) All microwave radiometer measurements of brightness temperature (75)
include an additive noise component. The variance and correlation statistics of the
additive noise component of fully polarimetric radiometer measurements are derived
from theoretical considerations and the resulting relationships are verified
experimentally. It is found that the noise can be correlated among polarimetric channels
and that the correlation statistics can vary as a function of the polarization state of the
scene under observation.

2) A polarimetric radiometer calibration algorithm has been developed which
makes use of the Correlated Noise Calibration Standard (CNCS) to aid in the
characterization of microwave polarimetric radiometers and to characterize the non-ideal
characteristics of the CNCS itself simultaneously. CNCS has been developed by the
Space Physics Research Laboratory of the University of Michigan (SPRL). The

calibration algorithm has been verified using the DetMit L-band radiometer. The

xiii



precision of the calibration is estimated by Monte Carlo simulations. A CNCS forward
model has been developed to describe the non-ideal characteristics of the CNCS.
Impedance-mismatches between the CNCS and radiometer under test are also considered
in the calibration.

3) The calibration technique is demonstrated by applying it to the Engineering
Model (EM) of the NASA Aquarius radiometer. CNCS is used to calibrate the Aquarius
radiometer — specifically to retrieve its channel phase imbalance and the thermal emission
characteristics of transmission line between its antenna and receiver. The impact of errors
in calibration of the radiometer channel phase imbalance on Sea Surface Salinity (SSS)
retrievals by Aquarius is also analyzed.

4) The CNCS has also been used to calibrate the Breadboard Model (BM) of the
L-band NASA Juno radiometer. In order to cover the broad TB dynamic range of the
Juno radiometer, a special linearization process has been developed for the CNCS. The
method combines multiple Arbitrary Waveform Generator gaussian noise signals with
different values of variance to construct the necessary range of TB levels. The resulting
CNCS output signal can simulate the expected TB profile for Juno while in orbit around

Jupiter, in particular simulating the strong synchrotron emission signal.
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Chapter 1

Introduction

1.1 Microwave Remote Sensing Overview

Remote sensing is the science and technology of acquiring information about a
target (the earth surface, atmosphere, etc.) of interest without physical or intimate contact
with it. This is done by using a sensor to gather reflected or emitted energy/radiation and
processing, analyzing, and applying that information to an object that is otherwise
inaccessible. It can provide important coverage, mapping and classification of the targets
in a fast and cost-efficient manner.

Remote sensing can be subdivided into 2 basic types—active and passive—
depending on if the sensor carries the energy source for illumination. The active remote
sensing sensor emits radiation which is directed toward the target to be investigated, and
detects the radiation scattered from the target. It has the ability to take measurements
anytime, but a fairly large amount of energy is required to sufficiently illuminate targets.
This is its main disadvantage especially for space-borne sensors. The passive remote
sensing sensor, on the other hand, doesn’t use an illumination source and measures
energy that is naturally available. The energy is either emitted from or reflected by the

target to be investigated, but the amount of energy must be large enough to be detected.



As a matter of convention, remote sensing can also be subdivided into
visible/optical remote sensing, infrared remote sensing, microwave remote sensing, etc.
by the spectrum of the energy that the sensor receives. The visible/optical region of the
spectrum ranges from blue light with a wavelength of about 0.4 um to red light with a
wavelength of about 0.75 um. Due to its very short wavelength, the spatial resolution of a
visible/optical remote sensing sensor can be very high. One of its limitations is that even
though visible radiation is able to propagate through a clean (cloudless, no dust, etc.) and
dry atmosphere with very little attenuation, it will be significantly attenuated if the
atmosphere is not clean and dry. A unique property of visible radiation is that it can
penetrate water more deeply than infrared and microwave radiation. Due to these
properties, visible/optical remote sensing focuses on missions such as air quality, clouds,
aerosols, water vapor, marine ecology, etc.

In contrast to visible/optical radiation, infrared radiation can’t be detected directly
by the human eye, but is able to be detected photographically or electronically. The
infrared regions of the spectrum of interest for remote sensing are the near-infrared
region, with wavelength from about 0.75 pm to about 1.5 pm, and the thermal-infrared
region, with wavelength from 3 um to about 100 um. Radiation in the near-infrared
region for remote sensing purposes is very similar to radiation in the visible portion.
However, radiation in the thermal-infrared region is quite different. It is emitted from the
target in the form of heat. Due to this mechanism, thermal remote sensing can distinguish
between different targets if their temperatures are different.

In contrast to the above two types of remote sensing, microwave remote sensing is

of more recent interest. It uses reflected or emitted energy in the microwave region,



which ranges from about one millimeter to a few tens of centimeters, to identify, measure
and analyze the characteristics of the target of interest in almost all weather conditions.
For example, low frequency microwaves can penetrate clouds, which cover the earth
~70% of the time [1]. They can also penetrate rain to some extent, rain as well [2].
Microwave radiation is also independent of the sun as a source of illumination. In
addition, lower frequency microwaves are able to penetrate significantly into the ground
and vegetation [3]. Furthermore, microwave remote sensing can provide unique
information such as wind speed and direction above the sea surface which is extracted
from sea surface radiation, polarization, backscattering etc [4, 5]. These are advantages
that are not possible with visible and/or infrared remote sensing.

All types of remote sensing systems include four basic components to extract
information about the target of interest from a distance. These components are the energy
source, the target, the transmission path and the sensor. For a passive microwave remote
sensing system, which this work focuses on, the energy source is the target itself. Useful
information is obtained from the radiation that is emitted by the target and received by

the radiometer.

1.2 Electromagnetic Wave Radiation

1.2.1 Blackbody Radiation

Any object emits radiation at all possible frequency if its physical temperature is
above zero Kelvin. For any given frequency, there is an upper bound on the intensity of
radiation. The upper bound is reached only when the object is a blackbody, which is

defined as a perfect radiation absorber, in which case it is also a perfect emitter according



Kirchhoft’s law [3]. The upper bound on the radiated intensity is given by Planck’s law

as [6]

2hf?

) (1.2.1)
c? [e Ko _ l]

where By : radiation intensity of a blackbody, W-m2sr-Hz!

Bbb‘f =

f: frequency, Hz

h: Planck’s constant, 6.626 x 107 J

c: speed of light, 3 x 10 ms™!

k : Boltzmann’s constant, 1.381 x 102 1K

T,ny : physical temperature of the blackbody, Kelvin.

In the microwave region, the wavelength is sufficiently long that 4f /AT, <<1,

in which case the Planck expression can be simplified to

27T 2kT
B, , =——1*= /12”"’ (1.2.2)

C
where A is wavelength. This is known as the Rayleigh-Jeans law or Rayleigh-Jeans
approximation [3]. For a blackbody at a physical temperature of 300 K, the difference
between the radiation intensity derived from Planck’s expression and that from the

Rayleigh-Jeans approximation is less than 1% provided the frequency is less than 117
GHz [3].
1.2.2 Graybody Emissivity

A blackbody is an idealized body which corresponds to the theoretical maximum

possible radiation intensity from any real object. Real objects, which are usually referred



to as gray bodies, are not a blackbody and so have less radiation than a blackbody would
at the same physical temperature. In addition, unlike a blackbody which radiates
uniformly in all directions, their radiation in general depends on direction. The ratio of
the radiation of a real object to that of a blackbody with the same physical temperature as

the real object is defined as its emissivity &6, ¢):

£:(0,9)= M (1.2.3)
Bbb,f
where 6 and ¢ determine the angle of propagation of the radiation from the object.
The brightness temperature of an object is defined as
Ty 1 (6.0)=£,(8.9)- Ty, (12.4)

The brightness temperature and emissivity are frequency dependent. For
sufficiently narrow bandwidth radiation, the emissivity and brightness temperature can be
regarded as constant over the bandwidth, so that the subscript f can be ignored.

Since the radiation from a real object is always less that or equal to that from a
blackbody with equal physical temperature, the emissivity is never greater than 1. Thus,
the brightness temperature Tp(6, @) of a object is always less than or equal to its physical
temperature Tppy.

The brightness temperature, Tp, associated with a propagating electromagnetic

wave is related to its electric field strength, E(t), by
T —i<|E(t)|2> (1.2.5)
*  knB o

where n: intrinsic impedance of the electromagnetic wave, in ohms;

A: wavelength of the electromagnetic wave, in m;



B: bandwidth of the electromagnetic wave, in Hz

(-): denote ‘statistical expectation or time average’.

1.2.3 Polarization
Polarization is a property of a transverse electromagnetic wave which describes
the shape and locus of the tip of the electric field vector E (in the plane perpendicular to
the wave’s direction of travel) at a fixed point in space as a function of time. A transverse
plane wave traveling in the r direction can be decomposed into & and ¢-components (or
a vertically polarized component, v, and a horizontally polarized component, /) in the
spherical coordinate system described by Figure 1.1 and can be written as
E(r)=oE, + hE, " (1.2.6)
where E, and E}, are defined as
E,=E e (1.2.7a)
E,=E,e™* (1.2.7b)
Assuming ¢ = ¢, — ¢, , Equation (1.2.6) can be written as
E(r)= (\?Evoej“’ + ﬁEho)e”’" e (1.2.8)
and

E(r,t)= Re{(ﬁEvoe”" T hAEhO )ejqo,, e—jk,reja;z}

) (1.2.9)
=VE,, cos(ax — k r + @, + @)+ hE,, cos(ax — k,r + ¢,)
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Figure 1.1 The electric field £ in the spherical coordinate system and the rectangular

coordinate system. Eg and E, are its & and ¢-components in the spherical coordinate
system respectively. The unit vectors 7, @ and ¢3 are perpendicular to each other and

they satisfy the relation 7 =8x ¢

The general expression reduces to several special cases of interest.
Casel. E,, =0 (or E,, =0)
This is known as a linearly polarized wave and its electric field vector
moves along the ¢ or ¢- axis. It is referred to as a vertically or horizontally
polarized wave.
Casell: E,, =E,, and ¢ =0" (or 180°)
E(z)= (o+ ﬁ)Evoej"’"e"jk” (1.2.10a)
or
E(z)= -0+ h)E, e (1.2.10b)
This is also a linearly polarized wave, but its electric field vector moves at

45 degrees with respect to the ¢-axis. It is referred to as a +45° or -45° slant

linearly polarized wave.



Caselll: E,, =E,, and ¢ =90" (or -90°)

E(0) =(jp+h)E, e e (1.2.11a)
or

E(2) == jo+ hE, e/ e (1.2.11b)
In this case the trace of the electric field vector is a circle and the wave is
defined to be right- or left-hand circularly polarized.

E(r,t)= Re{(ﬁEvoe"“’ + ﬁEhO}"’"’” e_jk”ej“’} 1212

= DE,, cos(ax —k r + @, + @)+ hE,, cos(ax —k.r + 9, ) (1212

Any polarization state can be decomposed into its vertically and horizontally

polarized components, so it is convenient to consider each of the components
independently.

When a wave propagates from one medium to another with different dielectric

properties, a part of it gets reflected by the boundary and another part gets transmitted

across the boundary into the other medium, as described by Figure 1.2 and Figure 1.3. The

reflectivity for vertically and horizontally polarized waves is given by [7]

r = |772 cos @, —n, cos b, |2

= 1.2.13a
! ,772 cos g, + 1, cosezl ( )

r = Iﬂ] cos @, — 1, cos 02|2

v (1.2.13b)
|771 cos @, +1, cos 02‘

where 1, =,/ /€, : theintrinsic impedance of medium x = 1 or 2;

g;: the angle of incidence;

6: the angle of transmission;



Medium 1
Medium 2 X

03,

Figure 1.2 Reflection and transmission of horizontally polarized waves at a plane
boundary
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Figure 1.3 Reflection and transmission of vertically polarized waves at a plane
boundary

The angle of incidence, &, and the angle of transmission, &, satisfy Snell’s law

[8], or

k,sinf =k, sin 6, (1.2.14)



where k= @\ 11, £, is the spatial frequency of medium x =1 or 2.

H-pol
- - Difference

Figure 1.4 Reflectivity of the sea surface with g = 70.8 — j62.3

The reflectivity of the two linearly polarized waves is in general different. Figure
1.4 shows their reflectivity versus the angle of incidence (or radiation angle) for sea water
with dielectric constant € = 70.8 — j62.3. This dielectric constant is obtained by using the
Stogryn ocean dielectric model [9] with frequency = 1.413 GHz, sea surface temperature
= 20°C and sea surface salinity = 32.54 psu. A specular surface [3] is assumed. It can be
observed that the reflectivity of the vertically polarized signal increases as the angle of
incidence increases up to 80°; whereas the reflectivity of the horizontally polarized signal
has the opposite tendency. The difference between the reflectivity of the vertically and
horizontally polarized signals increases as the angle of incidence increases up to 80°. This

clearly shows that the reflectivity is polarization dependent.
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Figure 1.5 Geometry of incident and scattered radiation

The reflectivity at a boundary is closely related to the emissivity of a medium. A

rough surface can be characterized by the bistatic scattering cross-section per unit area
c°. Peake developed an expression for the polarized emissivity of a surface observed

from the direction (&), @) shown in Figure 1.5 in terms of ¢° [10]:

1 0
— ||IO 0 s ;05’ _g; ’
47 cos 6, I[ (B-00:€5> 953 Po- Po) (1.2.15)

+O'0(90,¢0;9s,¢5;p0’ ps)L]Qs

£(6,y, 9y py) =1-

where (6, ¢v): the direction from which the wave is incident upon the surface;

(6, ¢): the direction in which the wave is scattered;

Ps OF po. v or h denote vertical or horizontal polarization.

In Equation (1.2.15), o’ (6,.9,;6,.9,; py, p,) relates the magnitude of the power
scattered in the direction (6,, @) with polarization ps to the power incident upon the
surface from the direction (8, ¢y) with polarization p,. If p; and p, are the same, ¢° is

called the vertically or horizontally polarized scattering coefficient, respectively, and if
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they are different, it is known as the cross-polarized scattering coefficient. For a specular
surface, the cross-polarized scattering coefficient is zero, while the like-polarized
scattering coefficient is nonzero only in the specular direction. In this case, the emissivity
of the specular surface is given by

£6,p)=1-T(6, p) (1.2.16)
where p (=v, h) stands for its polarization state. For this reason, the emissivity is also

polarization dependent.

1.2.4 Stokes parameters

In general, a polarized wave has an elliptical polarization state that is commonly
described with the Poincaré sphere in terms of its total intensity, ellipticity and orientation
angle [8]. To facilitate the discussion of the polarization state of an electromagnetic wave,
the Stokes parameters —a set of 4 values (I, Q, U, V)— were introduced as a
mathematically convenient alternative by Sir George Stokes [11]. These four parameters

are related to the horizontally and vertically polarized components of electric field by

(1) +(Er)
< 2>_<1Eh|2> (1.2.17)

2Re(E, E; )
2Im(E, E, )

EV
EV

< Qo ~
= | =

where E,: the vertically polarized component of electric field
Ey:  the horizontally polarized component of electric field
The units of the Stokes parameters are W/m’. The first Stokes parameter (I ) gives
the total radiation power density, and the second Stokes parameter ( ) represents the

power density difference between the two linearly polarized components. The third and
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fourth Stokes parameters (U and V) describe the correlation between these two
components.

For microwave remote sensing, modified Stokes parameters are often used. Under
the Rayleigh-Jeans approximation, the modified Stokes parameters in brightness

temperature are given by [12]

T (Er)
T|_ 2| (&)
= (12.18)
T, | kiB| 2Re(E,E;)
T, 2Im(E,E)

where T,, Ty, T3 and Ty are, respectively, the vertically and horizontally polarized and the
third and fourth Stokes parameters.

It is convenient and useful to describe the radiation of an object, for example
radiation from a windy ocean surface, using the modified Stokes parameters. The ocean
surface emissivity (or brightness temperature) is not only polarization dependent, but also
wind speed and direction dependent. Increasing wind speed will increase the foam
coverage on the sea surface, thus substantially increasing the sea surface emissivity [13,
14]. Previous ocean surface emission models and experiments have determined that the
vertical and horizontal ocean surface emissivity is an even function of the relative wind
direction while the 3™ and 4™ Stokes emissivity is an odd function of the relative wind
direction [15-18]. The 3™ Stokes parameter from the ocean surface can be as high as 2

Kelvin at 10.7 GHz, as measured by the WindSat spaceborne radiometer [5].
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1.3 Electromagnetic Wave Propagation through the Atmosphere

The earth’s atmosphere is composed of about 78% nitrogen, 21% oxygen, 1%
argon, traces of other gases and a variable amount of water vapor. Among these
components, oxygen and water vapor play the most important role in microwave remote
sensing. The density of oxygen decreases almost exactly exponentially with increasing
height. In contrast, water vapor density variations with height tend to be much more
irregular and are strongly dependent on time of day, season, geographic location and
atmospheric activity.

When an electromagnetic wave propagates through the earth atmosphere, it is
absorbed and scattered by the atmosphere. At the same time, the atmosphere emits energy
which will become part of the energy received by a remote sensing sensor. The degree of
absorption and emission by the atmosphere depends on multiple factors including
frequency, geographic location, etc.

Another effect of the atmosphere on a propagating EM wave is that it will change
the polarization state of the EM wave when it propagates through the ionosphere. The
ionosphere is the uppermost part of the atmosphere, beginning at about 80 kilometers, as
shown in Figure 1.6. The ionosphere is full of charged particles. Under the effect of the
earth magnetic field, propagating linearly polarized field components are rotated by an
angle € due to Faraday rotation [19]

Q=1.355%10" f ?N (B, cosarsec y) (1.3.1)

where € is in degrees
f. EM wave frequency, GHz;

Ny ionospheric total electron content (TEC) in TEC units, or 10 electrons/m?;
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By: earth magnetic field, Tesla;
o angle between the magnetic field and wave propagation direction;

x: angle between the wave propagation direction and the vertical to the surface.

The Layers of Earth's Atmosphere

500 km

lonosphere

Figure 1.6 The layers of the earth’s atmosphere [20]

Without considering the attenuation and emission of the ionosphere, the resulting

Stokes parameters will become [19]

T T, —-AT,
T, T, + AT,
| = : (1.3.2)
T, —(T, —T,)sin 2Q + T, cos 2Q
T4, T4

where
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T
AT, =(T, - T, )sin’ Q—isinﬂl (1.3.3)

1.4 Real Aperture Radiometer

A radiometer is a device used to measure the radiant power of electromagnetic
radiation. For a microwave radiometer, it usually consist of an antenna and a receiver, as

shown schematically below

: " 'Receiver T
Antenna

.| Band Pass Filter .| Square Law .| LowPass
: & Amplifier "1 Detector = Filter

Figure 1.7 Radiometer block diagram

An antenna may be defined as a transducer between a guided wave propagating in
a transmission line and an electromagnetic wave propagating in an unbounded medium
(usually free space), or vice verse [7]. A microwave radiometer antenna receives
electromagnetic energy in the microwave range radiated by the object under observation,
and then sends it to the receiver. The strength of the signal at the receiver input port is
very weak and is typically at or below the level of the receiver thermal noise. To detect
the strength of the received signal, high gain amplification is required after the bandpass
filter which is used to select the desired observation signal band. A square-law detector is
followed to extract the strength of the signal and a low-pass filter is used to filter out the
high frequency components. The bandwidth of the low-pass filter determines the
integration time of the measurement. The DC component of the output from the low pass

filter is proportional to the antenna brightness according to
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Vo =g(T;+Ty)

(1.4.1)
= g{éTA + (l- g)TA,phy + TR}

where g: Gain of the receiver
T/; :  antenna temperature at antenna termination;
T,.  antenna radiometric temperature;
& antenna radiation efficiency;

T4 ,ny: physical temperature of the antenna;
Tk: receiver equivalent noise temperature.
With a well-calibrated radiometer, the strength of the signal received by the
radiometer antenna can be determined and the antenna radiometric temperature can be

recovered from the raw measurement according to

1% (l_fﬁA T 1r
T, =-2— Py (14.2)
&8 ¢

For this kind of radiometer, the precision of the measurement is given by [21]

T, T +T
AT =L =4 R (14.3)
Bt «/ Bt
where T,: antenna temperature;

T,,: equivalent system noise temperature of the receiver;
B: receiver bandwidth;
L integration time of the radiometer.
The square-law detector and low pass filter in Figure 1.7 can be replaced with a
digital self-correlation (sample, square and accumulate) operation. The sampling can be
made at the RF band directly [22-24], or at the IF band with an additional mixer and local

oscillator in the receiver.
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Early microwave radiometers were usually total power designs used to detect the
radiation power, such as the SMMR radiometer [25] which was the first modern earth
science microwave radiometer in space. It measured dual-polarized microwave radiation
from the earth’s atmosphere and surface at 5 frequency bands. At each frequency band,
the 2 polarized channels are used to measure the emission strength at v- and h-
polarization individually. The receivers estimate the variance of the signal by performing
a time average of the square of the signal. The two resulting components of Tp are
designated T, and T}, for vertical and horizontal polarization, respectively. This kind of
radiometer is usually called a dual-polarimetric radiometer and consists of 2 total power
radiometers.

Beyond the total power radiometer which just measures the received signal
strength, there are 3 kinds of correlation radiometers: auto-correlation, interferometric
and polarimetric. An auto-correlation radiometer measures the correlation between a
signal and a time delayed version of itself, or autocorrelation. The autocorrelation

function of a given signal s(¢) is defined as

R(t)= Ts(t)s*(t —7)dt (1.4.4)

—~o0

where * denotes the complex conjugate and T is time separation.

The Fourier Transform of the autocorrelation function is the power spectrum, so
an auto-correlation radiometer can measure brightness temperature spectrum within the
receiving bandwidth [26]. A total power radiometer can be regarded as the special case of
an auto-correlation radiometer with time separation t=0. Both the interferometric and
polarimetric radiometers are cross-correlation radiometers which measure the correlation

between signals in 2 different channels. Their receivers have the same structure, while
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their antennas are different. For an interferometric radiometer, two spatially separated but
otherwise identical antennas are used to receive signals with the same polarization. On
the other hand, a polarimetric radiometer can detect signals with different polarizations
(vertical, horizontal, +45° slant linear, and circular polarization) with only one antenna in
general. But it could have multiple antennas, such as WindSat which has 3 antennas/feeds
at each of the frequency bands 10.7, 18.7 and 37 GHz [27]: one antenna to receive v- and
h-polarization signals; one antenna to receive the +45° slant linear polarization signals;
and the third antenna to receive the left- and right-hand polarization signals.

A fully polarimetric radiometer measures the strength and polarization state of
thermally radiated electric fields, as described by the modified Stokes parameters. The
third and fourth Stokes parameters characterize the correlation between the vertically and
horizontally polarized electric field components, and can be used to retrieve other
geophysical quantities than a conventional dual-polarimetric radiometer can, such as
ocean wind direction [18] and Faraday rotation [19].

With only one antenna present, there are two common types of fully polarimetric
radiometers which have been used to measure all four Stokes parameters, based on either
coherent or incoherent detection [28]. A coherent detection radiometer measures the
complex covariance of the vertical and horizontal polarization components of the signal
directly [29]. The covariance can be measured by an analog complex-multiplier or by
digitizing the vertical and horizontal polarization components of the signal and then
multiplying and averaging (i.e. correlating) them in a digital signal processor if digital-
correlation technology is used. The resulting components of T are designated 73 and Ty

for the real and imaginary components of correlation, respectively. In comparison to a
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coherent detection radiometer, an incoherent detection radiometer measures the variance
of certain polarimetric components of the signal — most often the +45° slant linear and
left and right hand circular polarizations — in addition to the vertical and horizontal
polarizations. The additional components of T are designated Tp, Ty, T;, and Tk for +45°
and -45° slant linear and left and right hand circular polarization, respectively. The
variance, and hence the T3, of each component can be estimated using the same squaring
and time averaging signal processing steps as are used in the non-polarimetric case. The
additional polarization components of the thermal emission signal can be generated in a
number of ways. The most common approach uses hybrid combiners which add together
the vertically and horizontally pdlarized components with relative phase differences of 0°,
+90° and 180° [16, 30, 31].

If the vertically and horizontally polarized components of the electric field
radiated by thermal emission are designated as E, and E,, respectively, then the

polarimetric components of Ty can be expressed as

T,=c(|E ') and T, =c{ E, ) (1.4.5a)
T, = c<| EvjEEh |2> and T, = c<| EvJEEh |2> (1.4.5b)

T, = c<|£h-——-’5 |2> and T, = c<|M |2> (1.4.5¢)

V2 V2
T,=2cRe{| E,E; )} and T, =2cIm{| E,E; |)} (1.4.5d)

where Tp, Ty, T;, and Tk correspond to +45° and -45° slant linear and left and right hand
circular polarization, respectively. Relationships between the various components follow

from Equation (1.4.5) as [28, 29]
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T +T, + +T, -
sz_v_%_Ts and T, =L ¥L=h (1.4.6a)
T, + T T,+T,-T,
TL-;_L_.I’.L_-.{____“- and T, =—t——h —4 (1.4.6b)
2
T,=T,-T, or T,=2T,-T,-T, or T,=T,+T, -2T, (1.4.6¢)
T,=T,-T, or T,=2T, -T,-T, or T, =T,+T, —2T, (1.4.6d)

Here, a spherical coordinate system is assumed. If a rectangular coordinate system
is used, the expression for 7, will be different [28]. See Appendix 1 for a detailed
derivation.

Equations (1.4.6¢) and (1.4.6d) together represent the algorithms by which the 31
and 4™ Stokes parameters are typically derived with an incoherent detection fully
polarimetric radiometer. Note that, in each case, there are three options to choose from.
The second and third options require one less receiver to implement than the first one and
so would seem to be the more cost effective approaches. However, in practice the first
option is used almost exclusively because it is much better able to reject common mode
calibration biases that are present in the incoherent detection channels. The other two
options might be used as backup approaches in case of a radiometer hardware failure.
The performance of the three options is evaluated and compared below.

The Tg of the signal received by a microwave radiometer is usually lower than
323 Kelvin because most microwave radiometers are for observing the earth and the
physical temperature of the earth and atmosphere is lower than 50°C. The microwave
radiometer is designed to be linear over its dynamic range, with a low boundary of 2.7
Kelvin usually. For planetary remote sensing, the input brightness temperature might be

as high as 20,000 Kelvin. In this case, the linearity of the radiometer becomes an
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important issue if the received signal is to be accurately measured over its full dynamic

range.

1.5 Error in the Measurement

A microwave radiometer measurement of brightness temperature is an estimate of
the variance of a random thermal emission signal collected by the radiometer antenna.
During propagation, the emission signal is contaminated by other sources including the
radiometer itself. The uncertainty of these non-target sources will cause measurement
error.

To meet the accuracy requirements of most remote sensing experiments, a
thorough understanding of the measurement error sources is required, and the effects
caused by them need to be studied. For the Aquarius space-borne SSS mission, the error
sources in general include measurement sensitivity, sea surface roughness and
temperature, earth atmosphere attenuation and emission, Faraday rotation, solar and
galactic radiation, non-ideal radiometer antenna, non-linearity of the radiometer receiver,
and receiver gain variation. Some of the error sources, such as the radiometer antenna and
receiver, are stable and their effects can be calibrated out. Some error sources are
inherent, such as the measurement sensitivity. Most of the error sources are variable
functions of time.

1) Measurement Sensitivity

The sensitivity of Ty to SSS is a function of frequency, polarization and incident
angle. Higher sensitivity will result in higher precision for a given level of measurement

noise. In general, vertically polarized Ty is more sensitive to SSS than horizontally
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polarized Tg, and sensitivity increases with increasing incidence angle from 0° to 60° for
vertical polarization while it decreases for horizontal polarization. The ocean surface
emissivity using the Klein-Swift dielectric constant model (KS model) [32] vs. both SSS

and incidence angle for each polarization is shown in Figure 1.8.

Freq: 1.413 GHz
SST: 15°
Incidence Angle: 37.8°

Freq: 1.413 GHz

SST: 15°
S$SS: 32.54 psu

Figure 1.8 Ocean surface emissivity for v- & h-polarization. (a) Emissivity vs. SSS.
(b) Emissivity vs. incidence angle
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The effect of the salinity on thermal emission is higher at lower frequency and
becomes negligible at frequencies above 4 GHz [33]. This is why a low frequency is used
for the current Aquarius mission. But lower frequencies are affected more by Faraday
rotation. These properties need to be weighed against one another when selecting a
suitable observing frequency.

2) Sea Surface Roughness

Sea surface roughness is induced by near surface wind speed. With increasing
wind speed, the roughness of the sea surface increases and finally the sea surface
becomes a Lambertian surface [3]. Foam is a co-product of the wind. When wind is
blowing over the sea surface, foam is produced and its fractional coverage of the surface
increases with wind speed.

Because foam consists of part water and part air, it has dielectric properties
intermediate between them and it can be regarded as an “impedance matching
transformer” between sea water and the air. The emission from the foam-covered sea
surface is stronger than that from a foam-free sea surface.

Experimental evidence shows that sea surface brightness temperature increases by
a few tenths of Kelvin for an increase in wind speed of 1 m/s at L-band [34]. This
increase will cause an error of about 1 psu (practical salinity unit) of left uncorrected. The
exact sensitivity depends on water temperature and salinity. The sea surface roughness
must be corrected for accurate salinity retrieval.

3) Sea Surface Temperature (SST)

The sensitivity of the brightness temperature to SST is illustrated in Figure 1.9 for

vertical and horizontal polarization at the three incidence angles used by the Aquarius
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radiometer. A global average value of 32.54 psu for the salinity for the ocean and the
Stogryn ocean dielectric model [9] are used. From the figure, it can be seen that a change
of 1 psu corresponds to a change in the brightness temperature of 0.25 K in cold water.

So the uncertainty of SST must be corrected.

~ wpol, 28.7° incident angle ||
wpol, 37.8° incident angle

wpol, 45.6° incident angle [}
 h-poi, 28.7° incident angle -

= " h-pot, 37.8° incident angle ||

— ~ “hepol, 45.6° incident ang

Figure 1.9 The sensitivity of the brightness temperature to the SST

4) Earth Atmosphere

When an electromagnetic wave propagates through the earth’s atmosphere, the
wave will be attenuated by the lossy atmosphere, and extra emission from the atmosphere
will be added to the electromagnetic wave and received by the radiometer antenna. At L-
band, the atmospheric upwelling and down-welling brightness can be, respectively,

modeled using [35]:

T, ,p = (1— € " )(SST +258.15) (1.5.1a)

Ty powy = (A —e " }(SST +263.15) (1.5.1b)

where SST is in units of degrees Celsius;
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Tamos 18 the line-of sight opacity through the atmosphere in units of Nepers and is
given by [35]

= (0.009364 + 0.000024127V)sec(8,,.) (1.5.2)

T[l tmos tnc

where 6, _is the incidence angle;

V is the zenith-integrated water vapor burden present in the atmospheric column
in units of centimeters. Its global distribution is generally dependent on latitude.
Assuming that it varies over the range [0, 7] cm, the variation of received brightness
temperature could be 0.1 Kelvin which corresponds to about 0.2 psu uncertainty for the
Aquarius radiometer due to the lossy atmosphere.

5) Faraday Rotation

With Faraday rotation present, the two linearly polarized field components will be
rotated by an angle Q. If uncorrected, the error in the brightness temperature of each

linearly polarized component will be
o Iy
AT, =(T, — T, )sin Q——Z—stQ (1.5.3)

The effect of Faraday rotation at L-band has been discussed in [19, 34, 36-40]. At
L-band, the Faraday rotation angle can exceed 10°. For the Aquarius radiometer, the error
in Tg can be 0.6 Kelvin for the two linearly polarized components. The effects of Faraday
rotation must be properly accounted for in the Aquarius mission. A correction method for

the vertically and horizontally polarized sea surface brightness temperatures has been

proposed in [19] and an extended error analysis of the brightness temperature estimation
is presented in [41].

6) Solar and Galactic Radiation
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The sun is a strong radiation source with intensity between 0.1 million Kelvin and
10 million Kelvin at L-band [34]. Its radiation enters a radiometer in two ways: directly
and reflected by the earth and then received. The effect of solar radiation depends on
antenna gain, the geometry of the sun and the antenna, and the earth surface properties.

Galactic radiation enters the radiometer through reflection by the earth surface
and through leakage into the antenna’s sidelobe, although the latter path is negligibly
small and can be ignored. Of these radiation sources, the moon, with a Tg of ~ 200
Kelvin [11], has the biggest contribution because it has the biggest angular extent. The
effect of other bodies in our solar system can be ignored. The total background radiation
is 2.7 - 6 Kelvin at L-band [35].

7) Non-ideal Radiometer Antenna

mainbeam

\
| sidelobes

Figure 1.10  Normalized antenna radiation pattern of a uniformly illuminated circular
aperture with frequency f=1.413 GHz and aperture radius 2.5 meters

A radiometer antenna receives electromagnetic energy. A real antenna

receives/radiates the energy non-uniformly in direction. The directional dependence of
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radiation from the antenna is described by its antenna radiation pattern. An example is
shown in Figure 1.10. The narrow angular range within which most of the energy is
radiated through is called the mainbeam. In addition to the mainbeam, the pattern in
Figure 1.10 exhibits several sidelobes in which the sensitivity to incident radiation is
generally much less than that in the mainbeam. A local minimum in the radiation pattern
is called a null. Because most antennas are reciprocal devices, their radiation patterns are
identical to their receiving patterns.

Due to the fact that an antenna’s sidelobe level cannot be zero, the energy from all
direction radiated toward the antenna might be received by the antenna. Although the
receiving ability is not equal in all direction for a practical antenna, the antenna could
cause error if it is not correctly characterized due to the following facts:

a) The main-beam solid angle for a practical radiometer antenna is relatively
small;

b) The brightness temperatures of the non-target radiation sources in the
sidelobe are usually not weak and they are variable;

¢) The sidelobes are not flat. Its radiation ability is varied with radiation angle.
For example, its radiation is very small around the null points but not small at the peak of
the first sidelobe in Figure 1.10. The first sidelobe level is only -17.5 dB relative to the
main lobe.

8) Non-linearity of the radiometer receiver

A radiometer receiver consists of isolator, filters, amplifier, attenuator, mixer,
diode detector, etc in general. In those components, the last gain stage and the diode

detector usually determine the non-linearity of a radiometer.
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At the input of the last gain stage, the signal strength is no longer weak and it
might be beyond the linear range of the last amplifier. Thus any increase in input power
will not be matched by a proportional increase in output, and non-linearity will occur.

The diode detector is a square-law detector which detects the input power. Ideally,

the output of the detector is proportional to the square of its input voltage, or

v

e =€V (15.3)
where V;, and V,,, are the input and output voltages respectively, and ¢ is the detection
coefficient. In reality, the detector coefficient is a function of the input voltage instead of
a constant. That will lead to measurement error if the radiometer receiver has not been
characterized carefully in its dynamic range.

9) Receiver gain variation

In a radiometer, amplifiers are used to amplify the received thermal signal, whose
strength is usually below the thermal noise floor of the radiometer itself. To make the
received weak signal detectable, high gain is required by the receiver. These amplifiers are
temperature sensitive components, and their stability plays a critical role in a radiometer’s
performance.

For example, assume a total power radiometer is characterized by the following
parameters: 1) the bandwidth of the radiometer is 20 MHz; 2) the receiver noise
temperature is 300 Kelvin; 3) the minimum brightness temperature at the antenna terminal
is 70 Kelvin; 4) the radiometer output power requirement is 0 dBm (minimum). In this

case, the gain of the receiver needs to be 75 dB. For such a high gain receiver, the effects

of gain uncertainty need to be considered.
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For a total power radiometer, the noise uncertainty A7 and the gain uncertainty
AT can be considered to be uncorrelated because that they are caused by unrelated

physical mechanisms. The total RMS uncertainty is given by [3]

AT, =+(ATY +(AT, )

total —

(1.5.4)

where Gy is the average system power gain;
AGsg is the effective (rms) value of the detected power gain variation.

Still using the above example with integration time T = 0.1s and gain uncertainty
AGs ! Gs = 1% (or 0.04 dB), the contribution to the total RMS uncertainty is 0.26 K from
the noise uncertainty and 3.70 K from the gain uncertainty.

To reduce the effects of receiver gain variation, the receiver is usually housed in a
temperature regulated chamber. With modern state-of-the-art temperature regulated
systems, the temperature of the internal components in a radiometer can be maintained to
a stability of 0.001 K on one-day timescales [42].

10) Finite Integration Time and Bandwidth

A microwave radiometer measurement of brightness temperature (7p) is an
estimate of the variance of a random thermal emission signal derived from samples of the
signal. Because the number of samples is always finite, the estimate is itself a random

signal. The standard deviation of the estimate is given by the “radiometer uncertainty
equation” AT = KT,/ v B7 , where K is an instrument specific constant, Ty is the system
noise temperature of the radiometer, B is its pre-detection bandwidth, and T is the

integration time of the measurement [43]. The “AT” of a radiometer measurement is of
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fundamental importance and often determines the precision with which geophysical
parameters of interest can be estimated from measurements of 7. In most cases,
geophysical parameter retrievals are derived from two or more radiometer measurements
made at different polarizations and/or frequencies. The uncertainty in the retrieval due to
AT noise will depend on the variance of the noise and on the covariance between the

different measurements.

1.6 Radiometer Calibration

A microwave radiometer is a highly sensitive device. In its measurements, there
are unwanted components. Some components are external in origin and others come from
the radiometer itself. If the unwanted components are not properly accounted for, errors in
TB calibration result. Therefore, the characteristics of the radiometer must be well
understood. The antenna performance needs to be known; the receiver gain and equivalent
noise temperature must be characterized, etc. All of these can be done by careful and
complete radiometer calibration.

There are in general two ways to calibrate a total power radiometer, determined by
the calibration sources it uses: either external or internal. For external calibration, the
antenna usually points to a known hot reference (the Amazon forest [44], or microwave
absorbing material [45]) and a cold reference (usually cold sky with brightness
temperature 2.7 Kelvin, or ocean [46, 47]) periodically. This calibration is usually called
end-to-end calibration. For internal calibration, the antenna and the receiver are calibrated
separately and then integrated together. The antenna is pre-calibrated before integration

and temperature sensors are used to monitor it physical temperature after integration all
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the time. The receiver in Figure 1.11 is calibrated by using two internal noise sources with
different noise level to trace the gain variation/drift. One is usually a matched load whose

brightness temperature is its physical temperature, and the other is a noise source of

known TB.
Receiver
Antenna ! 3‘:' Ty ! Vilt)
T, . Band Pass Filter 2 ) - Valt
> © o & Amplifier wi () Gy » Low Pass Filter —
: ¢ T,

NSLL L

Figure 1.11  Total power radiometer calibration

Then the radiometer receiver can be calibrated using a conventional two-point

temperature calibration method, and the gain, g, and offset, O, of the receiver can be

obtained by
V. -V
go et (1.6.1a)
TNSl - Tst
o=V, —-gT,,, (1.6.1b)

where V,,;, V,2: measurements with the receiver switched to the noise source 1 and 2,
respectively;
Tys1, Tysz: brightness temperature of noise sources 1 and 2, respectively.
In this way, the receiver is characterized. When combined with an antenna of
known characteristics, the radiometer can be calibrated. External calibration uses a similar
approach to calibrate the whole radiometer. In practice, the two kinds of calibration can

work together to check each other.
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Compared to a conventional total-power radiometer, the calibration of a
polarimetric radiometer is more challenging, not only because there are more receiver
channels, but also due to the fact that additional parameters of the radiometer, such as
channel phase imbalance, need to be measured. As a result, the calibration source of a
polarimetric radiometer needs to generate additional controllable and repeatable
correlation between vertically and horizontally polarized test signals. Several calibration
sources for this purpose have been implemented. For example, a polarized blackbody load
has been developed that is capable of producing varying partially correlated calibration
signals by varying the relative rotation between the load and the antenna of the radiometer
under test [48]. This technique has been adopted by other research groups with an
additional phase retardation plate to generate the fourth Stokes parameter [49, 50]. Both of
- these two practical issues are noteworthy but have some limitations. Very precise
mechanical alignment is required in order to guarantee controllable and repeatable Stokes
parameters. The requirement that two large black body loads should be in close but at
significantly different physical temperatures will make the temperature control problem
challenging. For these reasons, an alternative method has been developed using a
programmable digital noise source to calibrate a polarimetric radiometer with the ability to
calibrate interferometric and autocorrelation microwave radiometers [51]. The
programmable noise source is able to produce a wide range of test signals which are used
to characterize the radiometer under test (RUT). In particular, signals can be injected with
independently controlled levels of 1%, 2™, 3" and 4™ Stokes brightness temperatures by
changing AWG output signal levels and varying the AWG Lookup Tables (LTs) that

determine the complex correlation between v- and A-pol signals.
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An X-Band version of the Correlated Noise Calibration Standard (CNCS) has been
used previously to characterize and calibrate the correlating receivers in the NASA/U-
Michigan airborne Lightweight Rainfall Radiometer [51, 52] and the NASA Goddard
Airborne Earth Science Microwave Imaging Radiometer (AESMIR) [53]. A new and
improved L-Band version has been completed recently. It is used to evaluate the
performance of the Aquarius polarimetric radiometer (a low earth orbiting ocean salinity
mission) [54] with a center frequency of 1.413 GHz. The 3™ Stokes in the Agquarius
radiometer is used to estimate the degree of ionospheric Faraday rotation [19]. Because
there is no 4™ Stokes channel in the Aquarius radiometer, it’s important to measure the
phase imbalance between v- and A-pol channels and their susceptibility to the 4 Stokes
parameter. This is because the input 4™ Stokes parameter may be significant and it may
vary as a function of surface wind speed [55]. In addition, the stability of its calibrated
brightness temperature on time scales of days is particularly relevant.

As the calibration source of a polarimetric radiometer, the CNCS itself needs to be
characterized. There are active components in the CNCS, such as Digital-to-Analog
Converter (DAC), mixer, frequency source, etc. Not all of these active components are
housed in temperature regulated box. In addition, the CNCS channel phase & gain
imbalance is not easy to be measured by conventional approach, especially when the
signal frequency is high. All of these non-ideal properties of the CNCS need to be
precisely determined simultaneously with a polarimetric radiometer calibration.

Throughout the foregoing discussion it was assumed that the receiver and its
calibration sources (internal source such as noise diodes, or external source such as the

CNCS) are perfectly matched to each other. In practice, this is difficult to be satisfied. The
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effect of mismatched components on noise-temperature calibrations can be serious even
when the system components appear to be relatively well matched (typical voltage
reflection coefficients of less than 0.05) [56].

For a total power radiometer, the impedance mismatching has two effects. First,
the effective brightness temperature entering the radiometer receiver from the calibration
noise source is reduced; Second, it changes the equivalent receiver brightness temperature
propagating the radiometer output. For a fully polarimetric radiometer receiver, the effects
of the impedance-mismatching are more complicated because the limited isolation
between the two channels of a calibration source will cause extra and unwanted Stokes
parameter.

One correction to the CNCS & RUT forward models is necessary if the impedance
match between it and the CNCS differs from the match with the antenna that would be
connected in place of the CNCS during normal data taking. The impedance mismatch
between the CNCS and RUT receiver has two potential effects — it can change the
apparent brightness temperature of the CNCS active cold load and it can alter a number of
the elements of the RUT’s polarimetric gain matrix and offset vector, relative to what they
would be when connected to an antenna with a different impedance match. Corrections for
both of these effects need to be considered. The impact of impedance mismatches between
a radiometer receiver and its antenna on the digital counts measured by the radiometer has
been addressed previously by Corbella et al. [57-59]. Their approach is adopted here,
generalizing the input impedance mismatch to include that with the CNCS as well as the

antenna.
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Beyond the radiometer gain matrix measurement, linearity is important issue for
radiometer calibration. In a radiometer, the square law detector which works at a diode’s
square law range is the key component to determine the non-linearity of a radiometer. In
[60], three approaches are described to characterize the power linearity of microwave
detectors for radiometric application. Two of them use sine waves instead of noise signal
as the test signal. For a radiometer, the other components besides the square law detector
may induce nonlinearity as well. So it’s necessary to characterize the nonlinearity of a
radiometer receiver as a whole. Several methods have been implemented. In [61], two
calibration methods, the 3-point calibration method and the slop method, are described to
check the linearity of a radiometer. But the two methods can’t deal with a radiometer over
wide TB range if the radiometer has an arbitrary transfer characteristic. In addition for the
slope method, the accuracy of the variable attenuator is an error source that can’t be
ignored, as we know that 0.04 dB errof on the accuracy of the attenuator will lc_:ad to 1%
error, and impedance mismatch can cause extra error. In [62], radiometer linearity is
measured by a constant noise deflection method which measures the ratio of the 2 local
slopes of the radiometer transfer characteristic with one local slope as reference. A
variable attenuator is used to adjust the antenna temperature between ~30 K to 4700 K
[62]. The accuracy of the antenna temperature is determined by the accuracy of the
variable attenuator. It is better to develop a technique to calibrate the (variable) attenuator
in-circuit so that the linearity of the radiometer can be accurately characterized over its

entire dynamic range.
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1.7 Research Objectives and Dissertation Organization

A polarimetric radiometer is a radiometer with the capability to measure the
correlation information between the vertically and horizontally polarized fields. To
carefully understand and calibrate this type of radiometer, several research projects have
been performed.

1) All microwave radiometer measurements of brightness temperature (7p)
include an additive noise component. The variance and correlation statistics of the
additive noise component of fully polarimetric radiometer measurements are derived
from theoretical considerations and the resulting relationships are verified
experimentally. It is found that the noise can be correlated among polarimetric channels
and the correlation statistics will vary as a function of the polarization state of the scene
under observation.

2) A polarimetric radiometer calibration algorithm has been developed which
makes use of the Correlated Noise Calibration Standard (CNCS) to aid in the
characterization of microwave polarimetric radiometers and to characterize the non-ideal
characteristics of the CNCS itself simultaneously. CNCS has been developed by the
Space Physics Research Laboratory of the University of Michigan (SPRL). The
calibration algorithm has been verified using the DetMit L-band radiometer. The
precision of the calibration is estimated by Monte Carlo simulations. A CNCS forward
model has been developed to describe the non-ideal characteristics of the CNCS.
Impedance-mismatches between the CNCS and radiometer under test are also considered

in the calibration.
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3) The calibration technique is demonstrated by applying it to the Engineering
Model (EM) of the NASA Aquarius radiometer. CNCS is used to calibrate the Aquarius
radiometer — specifically to retrieve its channel phase imbalance and the thermal emission
characteristics of transmission line between its antenna and receiver. The impact of errors
in calibration of the radiometer channel phase imbalance on Sea Surface Salinity (SSS)
retrievals by Aquarius is also analyzed.

4) The CNCS has also been used to calibrate the Breadboard Model (BM) of the
L-band NASA Juno radiometer. In order to cover the broad TB dynamic range of the
Juno radiometer, a special linearization process has been developed for the CNCS. The
method combines multiple Arbitrary Waveform Generator Gaussian noise signals with
different values of variance to construct the necessary range of TB levels. The resulting
CNCS output signal can simulate the expected TB profile for Juno while in orbit around
Jupiter, in particular simulating the strong syﬁchrotron emission signal.

In the following sections, the “AT” noise present in measurements of 73 and 7y
using the coherent detection approach as well as be each of the three incoherent detection
approaches in Equation (1.4.6c and 1.4.6d) is derived in Chapter 2. Experimental
confirmation of the derivations is also present by comparing the predicted and measured
correlation between the measurements of T,, T, and T3 by using a coherent detection
radiometer. Chapter 3 introduces the CNCS and its modeling. The polarimetric
radiometer calibration algorithm is developed and demonstrated by the DetMit
radiometer. CNCS application on the Aquarius radiometers is described in Chapter 4. The
analysis of the effect of the calibration error to the SSS retrieval is included in this

chapter. CNCS linearization method over a large TB dynamic range is described in
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chapter 5. Another CNCS application, to calibrate and characterize the breadboard model
of the L-band Juno radiometer [24], is also included in this chapter. Original

Contributions and future work are described in Chapter 6.
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Chapter 2

Statistics of Radiometer Measurements

The Stokes parameters received by a polarimetric radiometer are estimated by the
radiometer. Due to limited integration time, the radiometer measurements contain an AC
component of their power spectra that accounts for measurement noise, and that noise can
be correlated between channels. The variance and covariance statistics of the
measurement noise are derived in this chapter.

There are two types of detection for a polarimetric radiometer: coherent and
incoherent. A coherent detection radiometer measures the complex covariance of the
vertical and horizontal polarization components of the signal directly, while an incoherent
detection radiometer uses the power measurement and then forms the third and fourth
Stokes parameters indirectly.

A polarimetric radiometer has multiple receiving channels. For simplicity, let us

start with the simplest radiometer—the total power radiometer.

2.1 Noise Variance of a Total Power Radiometer

A total power radiometer consists of an antenna, an amplifier system, a detector

and an integrator. It measures the input noise power only. The weak noise signal is
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received by the antenna, amplified and filtered by the amplifier system that includes
bandpass filter(s). The mean value of the output power from the amplifier system is
measured by the detector and the integrator. In the absence of any imperfections, the
sensitivity of the total power radiometer is given by AT. The simplified block diagram of

a total power radiometer is shown below.

Antenna

s(t) w(t) x(t)

>b(t)h i G(f), B (2 C  frdn LPFH®E) oot
recéiver
noise

Figure 2.1 Block diagram of a total power radiometer

In Figure 2.1, G(f) is the power gain of the receiver with bandwidth B. v(z) is the
amplified and filtered signals. The signal can be written as the sum of an external
component, originating from the observation scene and received by the radiometer

antenna, and an internal component, originating from noise in the receiver electronics, or
s(t) = VG[b(r) + n()] (2.1.1)
where b(r) is time varying noise voltages associated with the brightness temperature (see
[63] for a detailed definition), and is a scaled versions of the incident electric field, with
units of K™?; n(t) is the receiver noise voltage. Both b(t) and n(t) are modeled as

additive, zero mean, band limited, Gaussian distributed, random variables, and they are

uncorrelated. They are associated with the voltage by

T, = (b’ (1) (2.1.2a)

T, =(n’()) (2.1.2b)
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T, =(s*(0) = (B*(1)) + () (2.1.2¢)
where Ty, = Ty+T,.. is the system noise temperature. 7, is the antenna temperature and

T, is the equivalent receiver noise temperature. <> denotes average.

The signal s(z) is a Gaussian distributed random variable, and it is characterized
by statistical quantities such as mean, standard deviation, auto correlation, and power
spectrum. The auto correlation characterizes the similarity between two measurements of

a signal, s(1), as a function of the time separation T between them, or
R, (1) =(s(t)s(t - 7)) (2.1.3)
The auto correlation of the square law detector output is given by

RW,W(T) = <W(t)W(t - T)>

2.14
= c2<s(t)s(t)s(t —-7)s(t— T)> ( )

Because the signal s(¢) is a zero mean, Gaussian distributed random variable, the

identity <abcd > = <ab><cd> + <ac><bd > + <ad ><bc> can be used [1]. The auto correlation of

the signal w(?) can be expressed as
R, (7)=c{R,(0)+2R? (0)} (2.1.5)
The first term on the right side of Equation (2.1.5) is a constant, so it represents a
dc power, while the second term represents an ac power which is the product of two time
variables, R;s(7)R;(7) times 2¢%. The product of two auto correlations is equal to the
convolution of the Fourier transform of each auto correlation.
The Fourier transform of an auto correlation is a power spectral density function.
Because s(t) is the summation of 2 independent, additive, zero mean, Gaussian

distributed noise signals with the same bandwidth, it is also an additive, zero mean,
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Gaussian distributed random signal, and its spectral power density can be regarded as flat

within its bandwidth (which is relatively narrow compared with its center frequency).

The power spectral density of s(t) and its auto convolution are illustrated in Figure 2.2

S
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Figure 2.2 Convolution illustration

The Fourier transformation of Equation (2.1.5) is given by

W =H{[S(Odrf 8 +2c S «S(H}

where the sign * is used to indicate the convolution operation and

S(Y*S(H) = [ SUFS(F = frdF

(2.1.6)

(2.17)

W(f) is the power spectral density of the square law detector output. When it

passes through the low pass filter, H(f), the output is given by

X(f)=W(HH(f)
= H[scnarf scHHO+ 2SSO )

(2.1.8)

Because the low pass filter has a relatively narrow passband, only the part of the

convolution S(f)*S(f) near zero frequency affects the outcome. So Equation (2.1.8) can

be written as
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X(H=[sharf scHEO + 26 [S*(HdFH(f) (2.1.9)
The ratio of the ac component to dc component is given by

2¢7 [S*(f)df [H(f)df
cJscharf o

_2[G7(Hdf [H(fdf

 {Jonarf HO)

ratio =

(2.1.10)

Two bandwidths can be defined here. One is the noise bandwidth of the low pass

filter, the other is the receiver bandwidth. They are respectively defined as [43]

B = IIZZ; ))df (2.11a)
g Aot .

[e>Har
The ratio of the ac to dc power in the radiometer receiver output is given by

AX 2B
Z—)—(—>—= —BL (2.1.12)

Since the square law detector is used in the radiometer, the radiometer output

voltage is proportional to the input power or power density. The ratio of the

corresponding input power density change in temperature is given by

AT _ [2B,

L B (2.1.13)
1
VBt
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where AT is the minimum detectable temperature change;
Tyys = T4 + Ty is the receiver system noise temperature;

7 is the integration time.

2.2 Noise Covariance of an Incoherent Detection, Hybrid Combing Polarimetric
Radiometer

An incoherent detection radiometer measures the variance of certain polarimetric
components of the signal — most often the +45° slant linear and left and right hand
circular polarizations that are most commonly formed using hybrid combiner and 90°

phase shifter — in addition to the vertical and horizontal polarizations, and then forms

the third and fourth Stokes parameters indirectly.

w(t) x(t)

¥ G - #| LPF -
V-pol 6B vs(t) -
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va(t) wp(t) Xp(t)
L P = » (¥ Cp m LPF o
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| A wa(t) xu(t)
= ()2 Cui— w LPF .
H-pol GB o i Vel »
" wi(t) Wi(t) Xn(t)
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Coupler vio(t) wr(t) Xgr(t)
—— A S ()2 CR »| LPF |- .

Figure 2.3 Signal flow diagram for a hybrid combining polarimetric microwave
radiometer.
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The signal flow through a hybrid combining polarimetric microwave radiometer
is diagramed in Figure 2.3. In the figure, G, and G, represent the gains of the v-pol and
h-pol channels respectively, B is their bandwidth (assumed equal), v,(t) and v,(t) are the
amplified and filtered signals from the v-pol and A-pol channels respectively. These two
signals can be written as the sum of an external component, originating from the
observation scene, and an internal component, originating from noise in the receiver

electronics, or

v, (1) =G, [b, (1) + n,(0)]
2.2.1)

v, () =[G, [b, (1) + 1, (1)]
where b, (t) and b, (t) are time varying noise voltages associated with the brightness
temperature (see [63] for a detailed definition), and are scaled versions of the incident

electric field, with units of K™"?; n,(f) and n,(¢f) are receiver noise voltages in the v-

and A-pol channels. Both b(?) and n(t) are modeled as additive, zero mean, band limited,
gaussian distributed, random variables. The auto and cross correlation relationships

between the voltages associated with the brightness temperatures are given by [63]

(b,()b,(t — 7)) =T, cos(27f.7)sinc(B7) (2.2.2a)
(b, (Db, (t — 7)) =T, cos(2f,T)sinc(BT) (2.2.2b)
(b, (Db, (t —T)) = {% cos(27f,7) — %sin(zzgar)}sincw 7) (2.2.2¢)

where T, and T}, are the v-pol and s-pol antenna temperatures, f; is the center frequency of
the signal, B is its bandwidth, and sinc(u)=sin( wu)/(wu). The variance and covariance of

the signals are found by evaluating these auto-correlations at =0, or
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(b2)=T, (2.2.3a)

(br ) =T, (2.2.3b)
T.
(b, ()b, (1)) = 73 (2.2.3¢)

The variance of n(t) is similarly related to the receiver noise temperature by
(R ) =T, (2.2.42)
(n2 () =T,, (2.2.4b)

where Tk, and Tg, are the noise temperatures of the v-pol and A-pol receivers. The

receiver noise is uncorrelated between channels, so that
(n,(On, () =0 (2.2.5)
A hybrid combining polarimetric radiometer forms +45° slant linearly, left- and
right-hand circularly polarized channels from v,(z) and v(¢) by summing and differencing
them in a hybrid coupler as shown in Figure 2.3. The signals v,(t) and vy(t) are first split
into three channels equally, or
V(1) =v, (1) (2.2.6a)

v () =v, (1) (2.2.6b)

Here the constant 1/~/3 is ignored since it doesn’t affect the relation among the

radiometer outputs.
The hybrid coupler in Figure 2.3 adds and subtracts its two input signals to

produce the slant linear polarization signals, or

v, (D) +v, () (2.2.7)

V7(t): \/5
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v (1) = v, (t)J-—EVV(t)

One channel of the v-pol signal will pass through the 90° phase shifter in Figure

(2.2.7b)

2.3, and then is combined with one channel of the A-pol signal from the other hybrid
coupler to produce the circularly polarization signals, or

1
Vh(t)+ Vv(l‘—?)
ve(f) = £ (2.2.7a)

V2

v,,<r>—vv<r—4i>
V(t) = Je (2.2.7b)

NG

where f, is the RF center frequency of the signal.

The output signals from the hybrid as well as the original signals are then passed

through square law detectors. Their outputs are given by

w,(t) = ¢, v2(t) (2.2.8a)
W, (t) = %” [, () +v,OF (2.2.8b)
w,, () = CTM v, ()= v, (O] (2.2.8¢)
w, (t) = c,vi (1) (2.2.8d)

2
w (=L v (v --1 (2.2.8¢)
L 2 h 1% 4](( bk
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2
wR(t)— 5 [vh(t) v (t_ﬁ)jl (2.2.8f)

where c, is the detector sensitivity for polarization channel x = v, P, M, h, L and R.

Finally, the four signals are integrated and sampled. The integration process is modeled
as an ideal low pass filters (LPF in Figure 2.3). The low pass filtered versions of the four
polarization signals are, respectively, x,(t), xp(t), xm(t), xn(t), x1(t) and xg(t). The expected
value of these signals (i.e. the DC component of their spectra) is proportional to the four
associated brightness temperatures. The variance of the signals (i.e. the integral over the
AC component of their spectra) represents the additive noise present in the
measurements.

The auto correlations and cross correlations and the spectra and cross spectra of
the four low pass filtered signals, x,(t), xp(t), xpm(t), xu(t), x1(t) and xg(t), can be derived

with using the identity (abcd) = <ab><ca’) +(ac>(ba’>+<ad><bc> , which is valid for zero

mean, gaussian distributed random variables [43]. From these, it is possible to compute
their covariance and related statistics. The correlation coefficient between x,(f) and xp(t)

can be expressed as

2
(I;ys,v + ig_—j-;} + 5_7212

3 2 4
Pre Txys,v ( sy T gT, sys.h +\/_T)

where g = G,/G, is the ratio of v-pol to h-pol channel gains. T, =T, +T, and

SyS,V

(2.2.9a)

T

wsa = 1, + Ty, are the equivalent system noise temperatures of the v- and -pol channels,

respectively. Similarly, for the correlation between other polarization pairs, we have
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2
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(2.2.9b)

(2.2.9¢0)

(2.2.94d)

(2.2.9¢)

(2.2.9f)

(2.2.9¢)

(2.2.9h)

(2.2.91)

(2.2.9))



2 wsho o

[Tm,v——‘@(n—n)}z {gT ‘/E(Ta—n)z

= (2.2.9k)
pM,L (3y5v+gTysh \/—T) ( sysv+gTysh+\/_T)
\/— 2 \/— 2
{T - HE n)} + {gT - Tg(Tg + n)}
= 2.2.91)
pM,R ( 5)3 v + g sys,h \/—T ) (T;ys 1% .\'ys,h _\/ET4) (
2
[ng h —@T] +O T
= (2.2.9m)
ph’L gT;'ys,h ( sy$,V + gTv s, h + '\/—T ) "
2
[gTysh \/—E—T;‘J +§TSZ
D = (2.2.9n)
e T;)vh ( syvv+g sys,h \/—_T)
_ 2
(T;ys v gT‘sys h) + gT (2290)

pL,R:(xygv-'-gT:v.\h-'-'\/——T)(s)sv-'_gTy_\h '\/_T)

Note that the correlation coefficients are independent of bandwidth, B, and integration
time, 7.

The AT of each channel is given by

T, T +T,
AT:} = SYS, v =V Rv (2'2.10a)
\/—_T NBT
_Tyer
VBT
(2.2.10b)
_ 1 T, *+8T,,+ JeT,
NN
T,
ATM = Y}g’;’-
(2.2.10¢)
= 1 TZ)‘ v + gTys h \/_T
VB ok
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2.3 Noise Covariance of a Coherent Detection, Correlating Polarimetric Radiometer

In comparison to an incoherent detection radiometer, a coherent detection
radiometer measures the complex covariance of the vertical and horizontal polarization
components of the signal directly. The covariance can be measured by an analog
complex-multiplier or by digitizing the vertical and horizontal polarization components
of the signal and then multiplying and averaging (i.e. correlating) them in a digital signal
processor if digital-correlation technology is used. The resulting components of Ty are

designated T3 and T, for the real and imaginary components of correlation, respectively.
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Figure 2.4 Signal flow diagram for a correlating polarimetric microwave radiometer.

The signal flow through a coherent detection, correlating polarimetric radiometer
is shown in Figure 2.4. The signals v, (1)~ v,(t), n, (), n, (), b,(t), b,(t) and their
correlation statistics are identical to those associated with the hybrid combining

radiometer analysis given in Section 2.1, as are the two low pass filtered signals, x,(z) and
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xx(t), for the vertically and horizontally polarized channels. The signals in the cross-

correlating channels of the radiometer, prior to low pass filtering, are given by

wi () =v,(£)- v, (1) (2.3.1a)
w,()=v,(t —2176) v, (1) ‘ (2.3.1b)

After the low pass filter, the correlating channel signals become x;(¢) and x4(1)
respectively. The procedure followed to derive the covariance relationships between the
three low pass filtered signals is similar to that for the hybrid combining radiometer. The

correlation coefficient between the outputs x,(f), x,(t), x,(¢) and x,(t) can be expressed

as follows

. RAC(t)
“ RS @ - JRE 0

(2.3.2a)
J5T3
2
J4 Y8,V s)s h T )
Similarly for the other channel pairs, we have
ﬁT“ - (2.3.2b)
‘\/4 sys,v \ys h - 7?)
2
Pon= —“—T *1 (2.3.20)
4’Tsys v7:ys h
2T3T4 2.3.2d)
Cenr, w1y
\ET3 2.3.2¢)

\/4 5YS,v swh Tj
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JET4

- (2.3.2)
‘\/4 ARG A)\h T )
The NEAT of each channel is given by
T +T
AT, =lva___ Rl (2.3.3a3)
NBT
AT T T} -T;
AT; ___\/ SYS,VSys, h ( 3 4 ) (233b)
; 2Bt
aT, T T} -T
AT:; \/ Sys,v©sys,h ( 3 4 ) (2330)
2Bt
T, +T,
AT, =ta___R2 (2.3.3d)

VBt

2.4 Application - the Third and Fourth Stokes TBs with a Hybrid Combing

Radiometer

The third and fourth Stokes brightness temperature can be obtained from the

measurements made by a hybrid combining polarimetric radiometer. The method is given

by
T, =(2n+1)T, +T,)-2nT, - 2(n+1)T,,
(2.4.1a)
=[2n+1 2n+1 -2n -2(m+1) 0 O[T, T, T, T, T, T,|
T, =(2n+1)T, +T,)-2nT, - 2(n +1)T, (2.4.1b)

=[2n+1 2n+1 0 0 —=2n 2m+1)[T, T, T, T, T, T,
where n is any real number and T, Tj, Tp, Ty, T; and Tk are the measured brightness

temperatures. The three methods in [29] to obtained the third and fourth Stokes
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brightness temperature are special cases of Equation (2.4.1) with n = -0.5, 0 and -1
respectively.

The variance of T3 (or T,) can be obtained using the error propagator
Apy=A-A - A (2.4.2)
where A, the 1x6 matrix satisfying T;,, = A-T , is given in (2.4.1) for each method and
where T=[T, T, T, T, T, T.| is the random vector with covariance matrix Ar.
Ar, the covariance matrix for the signals x,(¢), x,(t), x,(t). x,,(t). x,(t) and x,(¢),

can be expressed as

(RSO RSO REO RO REO RSO
RO REO) RLO RGO RLO)  REO
| RSO RYO) RIGO) RIG,O0) RIC(O)  RIS(0) "4
AT - AC AC AC AC AC AC ( : 3)

Ry RO R ©) Ry (0 Ry, (0 RyR(0)
RIS(0) RY5O0) RGO RS0 RGO RS©0)
| ReS(0) RSO0 Ri50) RS (0) Rp(0)  RyZ(0)

where RQ,CY (0) denotes the variance of X(t) if X(t)=Y(t) or the covariance of X(t) and Y(t)

if X(t)=Y(t). Detail expressions for these variance and covariance elements are shown in
[64]. If these expressions are substituted into (2.4.3), the covariance matrix can be

obtained. The covariance for the third Stokes brightness temperature is given by

2

Ap,=A-A, A= gv (an® + n+7) (2.4.4)
T

where
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sys.v
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sys.h
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SYS,V = sys,h
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Replacing ¢,, c,,, T3 and T, with ¢, , c,, T, and T; respectively, the covariance

for the fourth Stokes brightness temperature can be obtained.

For the third Stokes parameter’s covariance, if the detector sensitivities ¢y, cp, ¢y

and ¢y are the same (i.e. if c,=cp=cp=cy), the variance will be independent of the value of

n. In other words, the variance of each version of T3 in [29] is also the same. This might,

at first glance, seem counterintuitive. For example, if the additive noise in measurements

of T,, Ty, Tp and Ty, had been uncorrelated, the variance of T3 ; (= Tp — Ty) would have
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been double that of either T or T); whereas the variance of both T, (= 2Tp — T, — T;) and
T33 (= 2Ty + T, + T;) would have been four times that amount. In fact, the partial
correlation between the additive noise in T, Ty, Tp and T, precisely compensates so that
the variances for all methods are equal. For the case of ¢,=cp=cy=cy=1 which can be
implemented using a digital correlator module, such as [65], the standard deviation of the

additive noise in T3 is independent of n and it is given by

AT, T+ =T}
AT; ___J sys, v sys,h ( 3 4 ) (2.463)
2Bt

The same result applies for 7. For the case of ¢,=c;=cg=c;=1, the standard

deviation of the additive noise in 7, is independent of n as well and it is given by

T, T, —\7-T}
AT, =\/ 5y8.v m;Bz-( 3 4 ) (2.4.6b)

2.5 Experimental Verification of Covariance Relationship

Some of the noise correlation statistics derived above have been evaluated
experimentally. The DetMit radiometer [66] was used which has separate vertical and
horizontal linear polarization input channels, followed by standard amplification, down
conversion and square law detection stages for the two channels plus a third channel that
digitizes the two signals, multiplies them together, and averages the product. Thus, this is
a correlating polarimetric radiometer, of the type described in Section 2.3, which can
measures T,, T, and T3. Signals entering the v- and 4-pol input ports of the radiometer
were generated using the CNCS. CNCS is a programmable polarimetric calibration

target that is capable of generating pairs of thermal noise signals with precisely adjustable
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and repeatable relative correlation statistics {51, 67, 68]. The dynamic range of
brightness temperatures that can be generated is approximately 90 K to 350 K for T, and
T, and -550 K to +550K for T; and T4 For purposes of this experiment, stable 90 K and
310 K Tgs were generated at both v- and A-pol as calibration references for the
radiometer. The calibration signals were uncorrelated (75=74 =0). Interleaved between
the calibration signals were signals for which T, = T}, = 400 K and the partial correlation
between T, and T, was adjusted so that T; varied between 0 K and 550 K in ten uniformly
spaced steps. Because the radiometer does not measure Ty, the quadrature component of
the correlation between v- and s-pol signals was set to zero.

For each value of T3, an extended time series of measurements of T,, T, and T;
was recorded simultaneously. From these measurements, correlation coefficients between
the additive noise in each channel can be derived. This process was repeated three times
as a means of determining the standard error and repeatability of the estimates of the
correlation coefficient statistic. The results are shown in Figure 2.5a-c, which
respectively plot the average and standard deviation of the correlation between the noise
inT, and T3, T, and T3, and T, and T}, as a function of T3. The correlation values that are
predicted by theory are also plotted for comparison. The predicted and measured
correlations in Figure 2.5a and Figure 2.5b agree closely, with correlation rising
monotonically as a function of 73. This behavior is what produced the similar values for
the AT of T; noted in Section 2.3, regardless of which of the three methods was used to
derive it from hybrid combining radiometer measurements. In Figure 2.5¢, both the
predicted and measured correlation between noise in 7, and T}, is quite low but can be

seen to increase at the higher values of T;. However, even at the high value of T3 such as
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300 K, the very small level of correlation would in most practical applications not be a
concern.

The reason that the measured correlations are lower than the theoretical
predictions is probably due to glitches in the measurement data. The glitches are
generated from so called pseudo-random test signal. In the experiment, the thermal noise
signals are simulated by repeatedly outputting the CNCS Lookup Table data that is
random digital counts. The size of the CNCS Lookup Table data is 262144 samples, and
the output speed is 1.25 Giga-samples while data sample frequency of the radiometer
under test is 110 MHz. 36 ms’ data are averaged and then output for analysis. Under the
condition of such high sample frequency, the sequence of the random digital counts
doesn’t act as ‘random’ anymore and so glitches appear in the measurements. The
glitches in v-pol and A-pol channels are appeared independently so the actual measured

correlation is lower.
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Figure 2.5 Correlation between the additive noise in (a) T, and T3, (b) T, and T3 and (c)
T, and T, as a function of T3. T4 = O in each case. The theoretical values for the
correlation are derived in Sections 2.2 and 2.3. The experimental values shown are
averages over three independent trials. The error bars represent the standard deviation of
the three trials.
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2.6 Summary

The variance and correlation statistics of the additive noise component of fully
polarimetric radiometer measurements with coherent or incoherent detection are derived
from theoretical considerations and the resulting relationships are verified
experimentally. It is found that the noise can be correlated among polarimetric channels
and the correlation statistics will vary as a function of the polarization state of the scene
under observation.

The precisions obtained from the two detections are compared. Analysis shows
that if the square law detectors are the same and well known in the radiometer with
incoherent detection, the precisions obtained from the two detection approaches will be
the same, and the precisions are the same for the multiple methods to obtain the third (or
fourth) Stokes brightness temperature from the measurements made by a hybrid

combining polarimetric radiometer.
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2.7 Original Contributions and Publication
The original contributions concerning the statistics of fully polarimetric
radiometer measurements include
1) Noise covariance derivation for both the coherent and incoherent detection
radiometer measurements;
2) Precision comparison between the two detection radiometers;
3) Precision comparison among the multiple options for the incoherent detection
radiometer;
4) Experimental verification of the noise statistics of fully polarimetric radiometer
measurements.
5) Derivation to show the differences in expressions of the 4™ Stokes parameter
in different coordinate systems for the incoherent detection approach. See
Appendix 1.
One associated publication has been accepted:
1) J. Peng, and C. S. Ruf, “Covariance Statistics of Polarimetric Brightness
Temperature Measurements,” IEEE Trans. Geosci. Remote Sens., in press,

accepted Mar 2008.
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Chapter 3

Correlated Noise Calibration Standard (CNCS) Inversion Algorithm

The CNCS is developed for calibrating polarimetric radiometers. In order to
accurately calibrate the radiometer, it is necessary to identify and quantify the non-ideal
characteristics of the CNCS itself. To achieve that, parameterized forward models for
both the CNCS and radiometer have been developed. A calibration algorithm estimates
the parameters of the cascaded forward model from the radiometer measurements while
the CNCS settings are varied over a suitable range. Simulations and demonstrations show
that the calibration test set is efficient, and that the calibration algorithm can calibrate a

fully polarimetric radiometer (receiver only) with high accuracy.

3.1 CNCS Overview

An X-Band version of the CNCS has been used previously to characterize the
correlating receivers in the NASA/U-Michigan airborne Lightweight Rainfall Radiometer
[52]. A new and improved L-band version [69-71] is to aid in the characterization of the
Aquarius radiometers. A functional block diagram of the CNCS is shown in Figure 3.1
and a photo is shown in Figure 3.2. The system consists of a commercial Arbitrary

Waveform Generator (AWG), a pair of frequency upconversion modulators with integral
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calibration reference sources (referred to as the “RF Heads”), and a local oscillator which
provides coherent LO signals for the two channels through a power divider.

The AWG is an Agilent model N6030A with fixed 1.25 GS/sec internal sample
clock. It has two independent output channels with maximum analog bandwidths 500
MHz. The correlation between the pair of signals is determined by the values loaded into
the look up tables of the AWG [51]. The values are converted into analog signals by a pair
of 15-bit digital-to-analog converters (DACs) that are synchronously triggered by the
internal sample clock. The strength of the analog signal exiting the DACs is adjusted by
amplifiers with 3.3 dB of gain control. AWG signals can also be commanded on and off.

The AWG signals are coherently upconverted by the RF Head to the operating
frequency of the Radiometer Under Test (RUT). The RF Head includes an ambient
reference load and an active cold load (ColdFET) to correct for variations in AWG output
power. They are housed in a thermally controlled environment with a typical temperature
stability of 0.05°C RMS over time scales of tens of minutes. The temperatures of the
ambient and cold loads are continuously monitored to allow for temperature dependent
corrections to their brightness temperatures. The ColdFET, which is a backward installed
LNA [72], provides uncorrelated noise backgrounds for the output signal of each channel.
To increase the electrical isolation between parts, isolators and attenuators are inserted in
several places, as noted in Figure 3.1. A bandpass filter is also used in each RF Head to
reduce unwanted RF and IF signal leakage between channels. This eliminates any
significant cross-talk between the v- and A-pol channels and ensures that the degree of

partial correlation between channels is due solely to the AWG programming.

65



RF Head 1

AWG #1 bind

AWG #2 o

RF Head 2

Figure 3.1 Functional block diagram of the CNCS

Figure 3.2 Photo of the L-band CNCS

3.2 CNCS Forward Model
The CNCS consists of several active components and numerous passive
interconnects. There is a digital-to-analog converter and an amplifier inside the

commercial AWG, and a mixer installed in the temperature controlled RF Head. These
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components can be temperature sensitive and cause drifts in the strength of the CNCS
output signals. In addition, the correlation between CNCS signals is related to the phase
imbalance between its channels. All of these non-ideal properties could lead to calibration
errors if not properly accounted for. To achieve this goal, a parameterized forward mode
for radiative transfer through the CNCS is developed to represent the relationship between
its user-controlled settings and the signals that it injects into the RUT. The strength of the
signal generated by the AWG is controlled in two ways. The relative signal level over
time is determined by the numerical values that are loaded into its software look up table.
The look up table defines a normalized version of the signal. The absolute signal strength
is determined by an AWG voltage gain setting, G. The gain setting can be varied in
software from 0.17 to 0.25. This amounts to a variation in the AWG output power of 3.3
dB. Variations in the AWG output power have been verified, using a high precision
power meter, to be linearly related to G* to better than 99.986%.

Signals generated by the CNCS contain one component generated by the AWG
and a second component originating from either an ambient matched load or an active
cold load. The brightness temperature of the AWG signal, referenced to the output of the
RF Head, can be expressed as

T, =k(G°T, +0,,,) (3.2.1)
where £ is scale factor used to represent gain imbalance between the two CNCS channels.
G is the voltage gain of the AWG channel. T, = 4480 Kelvin is the nominal brightness
temperature generated by the AWG, and O,,, is a possible offset brightness temperature.

The total brightness temperature of each individual CNCS channel is the sum of

the AWG component plus that of either the ambient load or active cold load. If the two
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CNCS channels are used as inputs to the vertical and horizontal polarization channels of a
fully polarimetric radiometer, then the quadrature components of correlation between
them will represent the third and fourth Stokes parameters. Decorrelation between the two
CNCS channels due to differences in the phase of the transfer functions is assumed to be
negligible when used to calibrate the L-Band radiometers under test considered here
because the radiometers’ RF bandwidths are considerably narrower than that of the signal
path through the RF Heads of the CNCS. It should be noted that this simplifying
assumption may not be the case when calibrating a radiometer with a much wider
bandwidth.
The complete CNCS forward model is given by

y+T

yw

i ) + Ty.h

Tv = kv (GV2TIL + Oawg SV
T, =k,(G;T,+0

awg

3.2.2)

T, =2-\Jk(G'T, +0,, ) k,(GIT, +0,, ) pcos(§+A)

von awg v

T, =2-\/k,(GT,+0,, ) k,(G:T, +0

awg ,h

) - psin(@+A)

awg v
k, and k, may differ to account for possible gain imbalances between the vertical and
horizontal channels, G, and Gy, are the voltage gains of the respective AWG channels,
Oumvgv and Ogyg are the offsets of the AWG channels, p and @ are the magnitude and
phase of the correlation coefficient between the two channels, A is the electrical path
length imbalance between the two CNCS channels (resulting in a phase offset in the
correlation, where a positive value for A means that the electrical path length of the A-pol
channel is longer than that of the v-pol channel), and y = ambient or cold designates the
background reference load selected in the RF Head. User-determined parameters of the
CNCS forward model include the AWG gain settings (G,, Gj), and the complex

correlation coefficient (p, ). The non-ideal parameters of the forward model, which need
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to be determined as part of the calibration procedure, are the gain imbalances (k,, kz), the

AWG channel offsets (Ogyg,ys Oayg,r), and the inter-channel phase imbalance, A.

3.3 Polarimetric Radiometer Forward Model

The forward model for a fully polarimetric radiometer describes the relationship
between the raw data recorded by the radiometer and the input Stokes parameters in
brightness temperature. The model accounts for the net cascaded gain of individual
polarization channels, unwanted but unavoidable cross-coupling between the channels,
and measurement offsets that are not due to the input Stokes parameters (e.g. from
internally generated receiver noise and detector biases).

Calibration of a radiometer consists of determining each parameter in its forward
model. What forward model to use depends on the particular radiometer type. Examples
of forward models appropriate for several coherent and incoherent detection radiometer
architectures are considered here for illustrative purposes.

For a fully polarimetric radiometer that uses incoherent detection, the forward

model is given by

¢, [G, G, G, G, 0,
C, Gy, G G, Gul|T, 0,
Co|_|Gn Gu G G |||, | O (3.3.1)
Cy Guy G Gus Guu || T Oy
CL GLv GLh GL3 GL4 T4 OL
CR GRV GR;, GR3 GR4 OR

where C, for x = v, h, P, M, L and R are the raw radiometer measurement “counts” for
each of its six polarimetric channels, 7, for y = v, h, 3 and 4 are the input Stokes

parameters, G,, are the gain matrix elements that relate input signals to output
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measurements, and O, are offsets in the measurements that are not related to the input
signals.

The 30 unknown parameters that need to be determined in this forward model are
G,y and O,. For the Aquarius radiometer, since there are no left- and right-hand circular
polarization channels, the appropriate forward model is a simplified version of (3) that
omits Cy, Oy, and Gy, forx =L and R and y = v, h, P, M, L and R. In this case, there
would only be 20 unknown parameters to be determined. Note that the input signal, 7,
cannot be omitted since it can still influence the measurements if there is any polarization
leakage present.

The forward model for a fully polarimetric radiometer that uses coherent detection

is given by [49]
Cv va th Gv3 Gv4 Tv Ov
¢, _ G, Gu Gy Gy | T, n 0, (3.3.2)
¢, G, Gy, Gy Gy || T, 0,
¢, G, G, G, Gu)\T, 0,

There are 20 unknown parameters (G, and Oy) to be determined in this case. If
the radiometer uses coherent detection without a fourth Stokes channel (i.e. measures only
the in-phase component of the correlation between v- and A-pol signals), then the forward
model will be a simplified version of (3.3.2) in which Cy4, G4, and O fory = v, h, 3 and 4
are omitted. In this case, there would be 15 unknown parameters to be determined. This
last case applies to the benchtop radiometer that has been used to experimentally validate

the performance of the new L-Band CNCS, the results of which are presented in Section

3.6, below.
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3.4 Inversion Algorithm

The forward models for both the CNCS and radiometer can be combined together
into a single composite forward model which relates the desired brightness temperatures
that are programmed into the CNCS to the output digital counts that are measured b>y the
RUT. In order to simultaneously retrieve both the gain matrix and offsets of | the
radiometer together with the CNCS forward model parameters, a suitable set of test data
is required. The test data are generated by varying CNCS software settings (p, 6, G, and
G, in Equation 3.2.2) and hardware switch positions (AWG signal either on or off,
background TB source either ambient or cold load). The complete combination of CNCS
settings that is used is listed in Table 3.1.

The test vectors #;, t4, t7, t;p and t;; are signals from the AWG and are added onto
the ColdFET. Those test vectors are linearly independent of each other and are varied
with different strength, correlation coefficient magnitude and phase. Certain
characteristics of the Stokes brightness temperature entering the RUT are a function of
the 4 variables: 1) the strength of each channel; 2) the correlation coefficient magnitude;
and 3) the phase), so 5 linearly independent test vectors are the minimum that is required.
Because the CNCS is not ideal and the signal strength from the AWG is unknown, 2
additional test vectors with known but different brightness temperatures are required to
calibrate the signal strength of the CNCS channels while it is being used to calibrate the
RUT. The 2 additional test vectors are ¢» and #; (or ¢5s and #s, .... Here, ¢, is the same as ts
and 3 is the same as #4, and so on.) .

There is some redundancy of information provided by this set of test vectors.

However, the precision and reliability of the retrieved forward model parameters are both
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improved by over constraining the system of equations from which they are derived, so

the redundancy is retained.

Table 3.1 CNCS Calibration Test Set

Test p 0 G, G AWG | Background
Vector signal TB
f 0 0 0.17 0.17 on cold
b 0 0 0.17 0.17 off cold
t 0 0 0.17 0.17 off ambient
ts 0 0 0.25 0.17 on cold
ts 0 0 0.25 0.17 off cold
ts 0 0 0.25 0.17 off ambient
ty 0 0 0.17 0.25 on cold
I3 0 0 0.17 0.25 off cold
to 0 0 0.17 0.25 off ambient
tio 1 0 0.25 0.25 on cold
t1 1 0 0.25 0.25 off cold
12 1 0 0.25 0.25 off ambient
13 1 45° 0.25 0.25 on cold
ta 1 45¢° 0.25 0.25 off cold
15 1 45° 0.25 0.25 off ambient

All elements of the radiometer gain matrix and measurement offset, and all
parameters of the CNCS forward model except for its channel phase imbalance, A, can be
satisfactorily estimated from the measurements using an over-constrained, nonlinear,
iterative minimization method. The dependence of the channel phase imbalance on the
test settings is not sufficiently unique, relative to the other parameters, to be retrievable
by inversion of the complete forward model given a calibration dataset that can be
generated automatically. (Many of the characterization tests that are enabled by the
CNCS become extremely laborious if the calibration test set is not automatically

generated.) The CNCS channel phase imbalance must be estimated by manually cross-
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swapping the interconnecting cables between the CNCS and the radiometer under test.
This is the one step in the calibration procedure that is not fully automated. Fortunately,
the channel phase imbalance has, in practice, been found to be extremely stable over time
and so not in need of frequent recalibration.

The complete set of unknown parameters in the composite forward model for both

the CNCS and RUT can be combined together into a single unknown vector, X , given
by

o

awg h ?

X_={kv’ kh’ o

awg.v ?

A, G, and O, } (3.4.1)
where m = v, h, P, M, L, R for an fully polarimetric incoherent detection radiometer,
while m = v, h, 3 and 4 for a fully polarimetric coherent detection radiometer, and n = v,

h, 3 and 4 in either case. The individual elements of X are defined in Equation (3.3.1)

and (3.3.2). All of the radiometer measurements made during the calibration test can be
similarly combined into a measurements vector, C , given by
C =f(X) (3.4.2)

where each element of C is the measurement count for one of the six polarimetric
radiometer channels at one of the fifteen CNCS settings listed in Table 3.1, and where f

represents the complete forward model.
The estimation of X given C is performed by inverting Equation (3.4.2) using

the iterative Newton-Raphson method. Specifically, a first guess at X is made, denoted
by X . The Jacobian matrix, J, of partial derivatives of f with respect to elements of X

evaluated at X is next computed numerically. An updated estimate of X is then made

according to
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X'= XA"+(JT JyT -(5—f()?)) (3.4.3)
where superscript T denotes transpose.

This process is iterated until changes in X become vanishingly small and X has

converged to that value which minimizes the norm-squared difference between C and

f ()? ). Determining the parameters of the RUT forward model is equivalent to
calibrating it.

The CNCS channel phase imbalance, A, is determined by manually cross-
swapping the interconnecting cables between the CNCS and the radiometer under test.
When cross-swapped, CNCS output port V is connected to the radiometer input channel
H, and CNCS output port H is connected to the radiometer input channel V. Cross-
swapping changes the sign, but not the magnitude , of A in the CNCS forward model. In
both the standard and cross-swapped position, their radiometer parameters that are
retrieved should be the same since the radiometer itself has not changed. Some of the
radiometer parameters (e.g. G,, and Gyy) are not sensitive to either the radiometer or the
CNCS phase imbalance. Other of the parameters (e.g. Gpz and Gpy, or Gyz and Gpy, etc
in Equation (3.3.1), or G3; and Gy, etc in Equation (3.3.2)) are sensitive to the CNCS
phase imbalance and so will vary with A. Using both the standard and cross-swapped
measurements, the assumed value of A is varied incrementally over all possible values
and, for each value, a new estimate of G, (x=P, M, L, R, 3 or 4; y=3 or 4) is made using
the Newton-Raphson method. In this way, a value of A is found for which the retrieved
estimate of Gy, (x=P, M, L, R, 3 or 4; y=3 or 4) is the same in both the normal and cross-

swapped cable positions. Two possible solutions are obtained in this manner and the
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ambiguity is resolved using a prior knowledge of the CNCS component characteristics or
other verification.
Once the gain matrix is known, the phase imbalance of the radiometer can be

obtained directly from G,; and G, (x=P, M, L, R, 3 or 4) by

sin“[—?—”——;—} if G420
Ag = VG5 +Gl, (3.4.4)
180° —sin ™| —0at__ if G,<0
VG5 +Gh,

The phase imbalances of the radiometer might be 180° different using different

polarization channels. This is because the 2 hybrid coupler outputs are 180° different.

3.4.1 Necessity of the Cable Swapping

The CNCS channel phase imbalance, A, can not be retrieved simultaneously with
other unknown parameters, and this is shown below.

The radiometer outputs can be represented by the following equation which is a
simplified version from the CNCS and radiometer forward models (3.2.2) and (3.3.1).

Com =Ffem+GuT, , co88, +MN)+G T, sin(8, +A) (3.4.5)

cm
where x =v, h, P, M, L and R stand for the radiometer polarization channel x;
m=1,2,...,or 15 is the index of test vector in Table 3.1;
frm 18 the sum of all the terms except the terms containing G,; and/or G,4;

and

T. =2-\/kV(G2T +0,,,.) k(G T, +0,,,) p (3.4.6)

vin awg v
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In the Jacobian matrix in Equation (3.4.3), the columns with partial derivatives of

C,m with respect to G,; and G4 are individually given by

oC
22 =T, cos(8, +A)] 3.4.7a
an3 cc,m ( m ) 6%6 ( )
aC
— =T, ,sin(6,, + M)l (3.4.7b)
an4 ’

The column with partial derivatives of Cy, with respect to the CNCS channel

phase imbalance, A, is given by

[Com | [G] [ Gs ]
Ch,m Gh3 Gh4
C G G
I D P T, sin(@, +A)+| 4T, cos(6,+A)  (3.4.8)
aA CM,m GM3 ' GM4 ’
CL,m GL3 GL4
| Crm | | Ggs ] | Gra
or
—Cvm_ _ij_ _Gv4_
Ch m Gh3 Gh4
i CP,m - acx m GP3 + aCx m GP4 (3 4 Sb)
A | Cyr m 9G,3 )| Gys3 9G,, )| Gua h
CL m GL3 GL4
| Crom | [ Grs | [ Gra |

Since the radiometer gain matrix elements are independent on the test vector, the
column with partial derivatives of C,;,m with respect to A is linearly dependent on the
columns of C,,, with respect to G,; and G4 That means the Jacobian matrix in Equation
(3.4.3) is not fully ranked if the CNCS channel phase imbalance, A, is considered

unknown during the pseudo-inversion.
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3.4.2 Estimated Performance using a Simulation with the Regular Test Set

To evaluate the CNCS inversion algorithm, a Monte-Carlo simulation is
conducted with variable integration time. The parameters of the CNCS and the RUT are
listed in Table 3.2. The gain matrix used is for the NASA Goddard Airborne Earth
Science Microwave Imaging Radiometer (AESMIR) calibrated by the X-band CNCS in
2004 [68] and the receiver noise temperatures have been calculated from those earlier
measurements. The offsets in Equation (3.3.1) are assumed to be from the receiver noise

temperature only.

Table 3.2 Parameters of the CNCS and the RUT used in Monte-Carlo simulation

Device Name Value
Channel gain 1.083 (v)
imbalance 0.980 (h)
Channel offset 8.320 K (v)
6.843 K (h)
Channel phase -21.581°
CNCS imbalance
ColdFET 85.495 K (v)
89.989 K (h)
Reference load 293 K (v&h)
12.679 0 0 0
Gain matrix 0 9.177 0 0
(units: mV/K) 5.277 5.641 5.409 -0.015
5.626 6.015 -5.987 -0.016
6.156 5.923 -0.196 6.435
RUT 5.907 5683 | -0.188 | -5.978
Receiver noise 556.337 K (v)
temperature 618.477 K (h)

The Monte-Carlo simulation process is shown in Figure 3.3. The values of the
voltage gain control, G, & Gy, of the CNCS channels, the correlation coefficient

magnitude, p, and phase, 0, are varied to generate a complete Stokes brightness
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temperature test set {Ty: x =V, h, 3 & 4} (see Table 3.1 for the values of G, Gy, p and 9).
The outputs from the radiometer model are noise-free. To simulate the true output of a
radiometer, correlated noise is added to the outputs to simulate the radiometer
measurements (see Radiometer Outputs in Figure 3.3). The correlated noise is calculated
by using Equations (2.2.9), (2.4.3) and Equations in [51]. Using the inversion algorithm,
retrieved CNCS and radiometer models are obtained.

At the beginning of the Monto-Carlo simulation, two tests are performed to
investigate whether there is more than 1 solution for a given set of measurements. First
the initial values of all unknown parameters except the CNCS channel phase imbalance
are randomly selected over a physically reasonable range — for example, &, can not be
negative or the AWG brightness of v-pol channel will be negative. Results of 1000 such
trials show that the retrieval results are independent of the initial assignment to the
unknown parameters. Second, the value of an unknown parameter is varied over a
physically possible range about its true value (as listed in Table 3.2) while the values of
the other unknown parameters are held constant. The radiometer outputs with and
without a varied parameter are compared and the RMS error is calculated. If there is a
single minimum error solution for the CNCS and the radiometer parameters, then the
RMS error as a function of the varied parameter should have a signal minimum and it
should increase monotonically as the value of the parameter is varied away from its true
value. This test is no tall-inclusive of all possible parameter values in the solution space,
but it helps to increase the credibility that there are not multiple solutions. All of the 34
unknown parameters were varied individually in this way and the results indicate that

there is only one minimum error solution.
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To evaluate the performance of the retrieval, the simulated measurements (see
Radiometer Outputs in Figure 3.3) and the retrieved radiometer model are used to
estimate the Stokes brightness temperatures at the radiometer inputs. The estimated
Stokes brightness temperatures are denoted as {7,": x = v, h, 3 & 4}. They are compared
with the input Stokes brightness temperatures {7: x = v, h, 3 & 4} and their RMS errors
are shown in Figure 3.4. The integration time is defined as the dwell time of each CNCS
status. Each simulation is repeated 1000 times.

The RMS errors in the Stokes brightness temperatures are calculated by

5 =11 — forx=v,h,3 &4 (3.4.92)

where n is the number of the corresponding Stokes brightness temperature.

The ‘avg’ in Figure 3.4 is calculated by

n 2 n 2 n 2

2 n
Z (T;n - Tv,,n ) + Z (Y;In - Th,,n) + Z (T3,n - 7‘3,,n ) + Z (7:1.,1 - T4,n )
Oue =\~ 1 1 ‘ (3.4.9b)

e 4n

The CNCS channel phase imbalance is retrieved by cross-swapping the CNCS
output cables. In both cases, the radiometer channel phase imbalances are assumed
unchanged. In that case, the retrieved precision of the radiometer channel phase
imbalance is that of the CNCS channel phase imbalance. The results are shown in Figure

3.5.
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Figure 3.5 Precision of the Retrieved CNCS Channel Phase Imbalance

Another simulation is done to examine the correlation between the retrieved
parameters to check if there are enough variations in the calibration data set to decouple
the solutions for the parameters. Uncorrelated noise was added to the radiometer channel
outputs and a Monte-Carlo simulation was conducted. The correlation coefficients
between the retrieved parameters are shown in Table 3.3 (only the lower triangle is
shown; the upper triangle is symmetric with respect to the diagonal), and the histogram of
the correlation coefficients is shown in Figure 3.6. Most of the magnitudes of the
correlation coefficients are less than 0.2 and none of them are totally correlated. Results

show that the calibration data set is a complete data test.
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Figure 3.6 Histogram of the magnitudes of the correlation coefficients
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Table 3.3 Correlation Coefficient between the Retrieved Parameters

k v kh Oa wg,v Oa wg,h va th Gv3

k, 1

kn -0.50 1

Oawev | -0.97 0.48 1
Oawgn | 0.49 -0.97 -0.50 1

Gw -0.79 0.37 0.75 -0.36 1

Gy 0.77 -0.37 -0.77 0.37 -0.95 1

G3 -0.55 0.26 0.50 -0.23 0.38 -0.40 1
G4 -0.52 0.28 0.49 -0.27 0.38 -0.42 -0.13
0, 0.05 0.02 -0.01 -0.04 | -0.15 -0.13 0.04
Guy -0.38 0.78 0.38 -0.79 0.28 -0.29 0.19
Ghn 0.40 -0.80 -0.38 0.77 -0.29 0.29 -0.21
Ga3 0.29 -0.54 -0.26 0.50 -0.25 0.22 -0.14
& 0.23 -0.53 -0.21 0.48 -0.17 0.16 -0.13
Oy -0.13 0.22 0.13 -0.19 0.08 -0.08 0.08
Gp, -0.67 0.64 0.63 -0.64 0.51 -0.50 0.38
G 0.65 -0.65 -0.63 0.64 -0.50 0.49 -0.36
Gp; -0.27 -0.27 0.25 0.24 0.23 -0.22 0.16
Gps | -0.06 -0.12 0.06 0.10 0.05 -0.05 0.05
Op -0.05 0.09 0.07 -0.08 0.00 -0.02 -0.01
Guy | -0.67 0.66 0.65 -0.65 0.50 -0.48 0.36
Gun 0.64 -0.66 -0.63 0.64 -0.49 0.47 -0.35
Gus 0.20 -0.05 -0.18 0.07 -0.15 0.15 -0.11
Gus | -017 -0.14 0.16 0.13 0.14 -0.15 0.17
Ou 0.00 0.07 0.01 -0.06 0.01 -0.03 -0.02
Gy -0.68 0.65 0.65 -0.65 0.53 -0.51 0.35
G 0.64 -0.67 -0.63 0.66 -0.49 0.48 -0.34
Gis -0.15 -0.10 0.15 0.09 0.11 -0.12 0.07
G4 -0.23 -0.26 0.20 0.23 0.19 -0.17 0.16
O 0.03 0.10 -0.02 -0.09 | -0.04 0.03 -0.02
Gry -0.66 0.65 0.64 -0.64 0.52 -0.51 0.39
Gra 0.64 -0.65 -0.62 0.64 -0.51 0.50 -0.38
Ggs -0.18 -0.13 0.16 0.12 0.17 -0.15 0.13
Gry 0.10 -0.01 -0.08 0.03 -0.08 0.06 -0.08
Or -0.04 0.09 0.03 -0.08 0.07 -0.05 0.04
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Table 3.3(cont.) Correlation Coefficient between the Retrieved Parameters

Gy 0, G G G Gha Oy Gpy Gpr

G4 1

O, 0.09 1

Gw | 023 | 0.05 1

Gnn | -0.24 -0.05 -0.95 1

Gp; | -0.16 0.05 -0.46 0.41 1

Gpe | -0.12 -0.02 -0.43 0.40 -0.11 1

Oy 0.07 0.00 0.11 -0.38 0.01 -0.04 1

Gp, 0.35 -0.02 0.50 -0.49 -0.35 -0.32 0.12 1

Gpy | -0.35 -0.01 -0.49 0.50 0.35 0.32 -0.13 -0.94 1
Gp3 0.12 -0.04 -0.16 0.19 0.12 0.19 -0.11 0.00 -0.02
Gpy 0.05 -0.02 -0.10 0.10 0.06 0.06 0.01 -0.07 0.01
Op 0.03 0.05 0.05 -0.06 -0.02 -0.03 0.02 -0.06 -0.25
Guy | 0.34 -0.04 0.54 -0.55 -0.36 -0.35 0.17 0.56 -0.56
Gun | -0.33 0.03 -0.53 0.55 0.36 0.35 -0.17 -0.54 0.55
Gumz | -0.10 0.00 -0.02 0.02 0.02 -0.03 -0.03 -0.14 0.14
Gus | 0.05 0.01 -0.11 0.11 0.06 0.11 0.02 0.06 -0.05
Ou 0.02 0.02 0.06 -0.06 -0.04 -0.03 0.01 0.05 -0.05
Gry 0.37 -0.04 0.52 -0.52 -0.37 -0.32 0.14 0.59 -0.58
Gin | -0.34 0.01 -0.53 0.54 0.38 0.36 -0.16 -0.57 0.56
Gz 0.07 0.00 -0.10 0.09 0.07 0.08 -0.02 -0.01 0.00
Grq 0.11 -0.03 -0.17 0.19 0.13 0.15 -0.04 0.06 -0.02
O -0.03 0.04 0.08 -0.08 -0.03 -0.12 0.04 0.01 -0.01
Gry 0.31 0.02 0.53 -0.53 -0.35 -0.32 0.13 0.58 -0.57
Grn | -0.30 0.00 -0.52 0.52 0.36 0.32 -0.14 -0.57 0.56
Gr3 0.07 -0.06 -0.12 0.14 0.05 0.11 -0.03 0.05 -0.03
Ggrs | -0.03 0.04 0.01 -0.02 -0.01 -0.04 0.01 -0.03 0.02
Or 0.01 -0.05 0.05 -0.06 -0.04 -0.03 0.03 0.02 -0.02
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Table 3.3(cont.) Correlation Coefficient between the Retrieved Parameters

Gps3 Gp4 Op Guy Gun Gus Gu4 Ou Gy
Gp;3 1
Gps4 | -0.40 1
Op 0.04 0.13 1
Gy | 0.01 -0.02 0.08 1
Gun | 0.01 0.04 -0.10 | -0.94 1
Gusz | -0.08 -0.04 -0.04 -0.17 0.05 1
Gus| 0.19 0.05 0.00 -0.05 -0.02 -0.50 1
Oy | -0.02 -0.05 0.04 -0.04 -0.25 0.20 0.14 1
Giy 0.05 -0.04 0.04 0.59 -0.56 -0.09 -0.01 0.01 1
G 0.00 0.05 -0.03 -0.59 0.57 0.06 0.05 -0.02 -0.94
Gr3 0.13 0.07 0.04 0.06 -0.06 -0.06 0.07 0.03 -0.01
Grqa 0.28 0.08 -0.09 -0.01 0.04 -0.08 0.17 -0.05 -0.01
(0)3 -0.11 -0.03 -0.03 0.05 -0.06 0.05 -0.08 0.02 -0.07
Gry 0.00 -0.01 0.06 0.59 -0.57 -0.14 0.04 0.02 0.58
Gry| 002 | 002 | -005 | -057 | 056 | 012 | -0.03 | -0.03 | -0.57
Grs | 019 | 008 | -005 | 001 | 001 | -002 | 0.06 | -0.01 0.05
Grs | -007 | -006 | 003 | -007 | 004 | 002 | 0.01 0.03 | -0.05
Or | -003 | -001 | 001 | 005 | -006 | 002 | -004 | 0.2 0.07

Table 3.3(cont.) Correlation Coefficient between the Retrieved Parameters

Grn Gr3 Gy OL Gry Gra Ggs Gra Or
&7 1
Gr; | -0.03 1
(&7, 0.00 -0.40 1
03 -0.23 0.06 0.02 1
Gry -0.57 0.01 0.04 0.03 1
Gry 0.57 0.00 -0.01 -0.04 -0.94 1
Ggz | -0.03 | 0.09 0.15 -0.02 | -0.02 | -0.05 1
Grs | 004 | -0.03 | -0.08 0.02 | -0.11 | 0.00 -0.55 1
Or -0.08 -0.01 -0.04 0.05 -0.02 -0.27 0.16 0.20 1
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3.4.3 Performance by Simulation with Varied Test Set

The size of the calibration data set is varied to check the change in performance of
the retrieval. Two simulations were conducted. The first uses a larger data set volume,
and the second uses the minimum size of the calibration data set.

The first simulation attempts to find the benefit due to an increase in size of the
test vector. Integration time is varied as well to check its effect on the retrieved parameter
precision comparing with the precision with the increased volume of test vectors only.
Simulation results find that the retrieved performance is more dependent on the
integration time than on the addition of test vector elements. This might be due to that the
additional test vector is not totally independent to the other test vectors. This simulation
includes 3 tests with different test set and/or integration time.

Test 1 used a test set exactly the same as that in Table 3.1 with integration time
1s, the time to take one set of measurements is 15s; test sets of Test 2 & 3 are the same.
They are formed by adding additional 3 test vectors to the first test set and the 3
additional test vectors are the same as the test vectors #;3, t;4 and t;5 in Table 3.1, except
that their correlation coefficient phases are 90°. The additional test vectors are listed in
Table 3.4. Integration time is s for test 2 and 0.833s for test 3. Then the time to take one
set of measurements is 18s for test 2 and 15s for test 3. Monte-Carlo simulation was

taken 1000 times for each case, and the result is shown in Table 3.5.
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Table 3.4 Additional test vectors for Test 2 & 3

Test p 0 G, Gh AWG Background
Vector signal TB
tig 1 90° 0.25 0.25 on cold
ti7 1 90° 0.25 0.25 off cold
fig 1 90° 0.25 0.25 off ambient

Table 3.5 Performance comparison with different test set and integration time

RMS error
Tv Th T3 T4 avg
(K) (K) (K) (K) (K)
Test 1 0.104 0.092 0.110 0.106 0.103
Test 2 0.104 0.091 0.109 0.116 0.105
Test 3 0.111 0.098 0.120 0.125 0.114

From Table 3.5, it can be found that the results of Test 1 and 2 are almost the
same, but that of Test 3 is about 8.2% worse than the others and this result is matched
with the factor 1//7 .

Reducing the size of the test set in Table 3.1 has also been explored. The
reduridant test vectors 1, (x=5, 6, 8, 9, 11, 12, 14 & 15) are removed, and the remaining
test vectors form a minimum test set. The simulation result is shown in Figure 3.7. The
average precision of the estimated Stokes brightness temperatures are 30% worse than
that of the regular test set. This is because the precision of the calibration reference plane
which separate the CNCS and the RUT is determined by the precision of the brightness
temperatures of both of the CNCS ColdFET and the CNCS reference load. Less

integration time will lead to worse retrieval precision.
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Figure 3.7 RMS uncertainty comparison between the estimated Stokes TBs with
regular test set and that with minimum test set.

3.5 Antenna-Receiver Impedance Mismatching Correction

One correction to the CNCS & RUT forward model is necessary if the impedance
match between it and the CNCS differs from the match with the antenna that would be
connected in place of the CNCS during normal data taking. The impedance mismatch
between the CNCS and RUT receiver has two potential effects — it can change the
apparent brightness temperature of the CNCS active cold load and it can alter a number of
the elements of the RUT’s polarimetric gain matrix and offset vector, relative to what they
would be when connected to an antenna with a different impedance match. Corrections
for both of these effects are considered here. The impact of impedance mismatches
between a radiometer receiver and its antenna on the digital counts measured by the
radiometer has been addressed previously by Corbella et al. [57-59]. Their approach is
adopted here, generalizing the input impedance mismatch to include that with the CNCS
as well as the antenna. A detailed derivation of the corrections to the forward model

parameters due to impedance mismatches is provided in the Appendix 4.
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3.6 Calibration Procedure and Demonstration

A benchtop RUT, the DetMit radiometer, is introduced. The test procedures that
were followed to calibrate the benchtop RUT with the CNCS, together with the resulting
estimates of the parameters of the CNCS and RUT forward models and of their accuracy

and precision, are described in this section.

3.6.1 L-band Correlating Polarimetric Radiometer

The DetMit radiometer was used to demonstrate the calibration methodology of
the CNCS. Its system block diagram is shown in Figure 3.8. Input vertically and
horizontally polarized signals are filtered and amplified, then coherently down-converted
to an IF band. The IF signals are then processed by the Agilent Digital Detector (ADD)
[73]. ADD digitizes the input signals and then implements digital signal processing
operations to measure the Stokes parameters. The 1% and 2" Stokes parameters are
measured by their self-correlations of the input signals respectively while the third Stokes
parameter is directly measured by their product. Matched loads connected to the input
switches, together with a noise diode, are used for radiometer calibration. The noise
diode’s noise signal is divided by a Wilkinson power divider and coupled into the

radiometer channels.
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Figure 3.8 Simplified block diagram of the L-band radiometer

3.6.2 Radiometer Stability

The calibration test set consists of fifteen variations of the input signals generated
by the CNCS (see Table 3.1). During the time over which the test set is generated, both
the CNCS and radiometer forward models should not vary appreciably. The stability of
the radiometer is determined from a long time series of measurements made while
continuously observing the CNCS reference load (i.e. calibration test signal ¢3 in Table
3.1) in its “total power” mode — without any calibration or corrections for gain variations.
The Allan variance of the measurements is used to characterize the stability of the
radiometer [74]. Figure 3.9 shows the derived Allan standard deviation of the radiometer
measurements versus integration time for both the v-pol and A-pol channels. The
minimum standard deviation occurs at an integration time of 30 seconds and 32 seconds
for the v- and A-pol channels, respectively. Based on these results, a complete calibration
data set should be completed in no more than 30 seconds. The results presented here are
based on measurements made with a dwell time of 2 seconds on each of the fifteen

calibration test settings.

90



Figure 3.9 Allan standard deviation versus integration time of free running
radiometer characterizes the inherent stability of the radiometer receiver.

3.6.3 CNCS Stability

CNCS stability is characterized using a similar Allan variance analysis, but with
the radiometer observing a CNCS signal composed of an active cold load background to
which an AWG signal is added that raises the brightness temperature to that of the
ambient load. This choice is made under the assumption that the dominant source of
drifting in the CNCS signal will be the stability of the AWG output signal strength. In
order to remove the effects of drifts in radiometer gain, data are taken in a repeated cycle
of the CNCS ambient load, cold load alone, and AWG + cold load (i.e. calibration test
signals #;, £, and #; in Table 3.1). Dwell time on each of these signals is 5 seconds.
Adjacent ambient and cold load measurements are used to calibrate the radiometer for
each AWG + cold load measurement in order to remove the effects of radiometer drift.

Figure 3.10 shows the resulting Allan standard deviation of the calibrated AWG + cold
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load time series versus integration time. The minimum standard deviations for both v-
and A-pol channels occur at integration times of approximately 200 s. In the event that
some other radiometers under test were more stable than the CNCS, 200 s would be the

upper bound on the time during which a complete calibrate test set should be measured.

Figure 3.10  Allan standard deviation versus integration time of frequently recalibrated
radiometer while viewing the CNCS AWG signal characterizes the inherent stability of
the CNCS signal source.

3.6.4 CNCS ColdFET Calibration

The brightness temperature of the CNCS active cold loads was determined using
ambient and LN, coaxial reference loads. The LN, load and temperature regulated
coaxial cable is a precision Maury Microwave MT7118 system with £0.5 K uncertainty.
Measurement of the LN, and ambient loads provides an absolute calibration of the
radiometer under test. Subsequent measurement of the active load allows the calibration
to be transferred to the active cold load. The brightness temperatures of the active cold
loads are found in this way to be 87.6 K and 92.3 K for the v- and A-pol channels without

correction for impedance mismatches, and 85.5 K and 90.0 K with the corrections
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applied. This procedure has been repeated numerous times over periods of weeks and
months and found to be repeatable at approximately the 1 K level. It should be noted that
the brightness temperature of the active cold load should be recalibrated if a different
RUT is used or if the passband characteristics of a RUT change significantly. This is
because the brightness temperature of the reverse LNA at the heart of the active cold load
is more frequency dependent than is a traditional LN; load and so the effective brightness
temperature of the active cold load will be more dependent on the specific passband
frequency response of a radiometer. In summary, the apparent brightness temperature of
the CNCS active cold loads changes by 2.1 and 2.3 K for the v- and A-pol channels,
respectively, due to the reflection of a small fraction of the RUT receiver noise
temperature at the mismatched cold load interface. As a result of the high (~ 75 dB)
isolation between v- and A-pol channels of the CNCS, elements of the RUT gain matrix
require only insignificantly small corrections. However, the offset brightness
temperatures, O, and Oy, in Equation (3.3.1) and (3.3.2), do require small but significant

corrections.

3.6.5 CNCS Cable Cross-Swapping for Channel Phase Imbalance

The CNCS channel phase imbalance, A, is determined by manually cross-
swapping the interconnecting cables between the CNCS and the radiometer under test.

When cross-swapped, CNCS output port V is connected to radiometer input channel H,

and CNCS output port H is connected to radiometer input channel V. Cross-swapping
changes the sign, but not the magnitude, of A in the CNCS forward model. In both the
standard and cross-swapped positions, the radiometer parameters that are retrieved should

be the same since the radiometer itself has not changed. Some of the parameters (e.g. G,,
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and Gyy) are not sensitive to either the radiometer or the CNCS channel phase imbalance.
Other parameters (e.g. G33) are sensitive to the CNCS channel phase imbalance and so

will vary depending on what value is assumed for A.

3.6.6 CNCS Forward Model Parameters Retrieval

The Newton-Raphson method is not able to estimate the CNCS channel phase
imbalance, A, shown in Section 3.4.1 Necessity of the Cable Swapping with current
CNCS configuration. It can, however, estimate all other of the CNCS and RUT forward
model parameters if A is known. In order to solve for A, its assumed value is varied in
step size of 0.001° over all possible angles from 0 to 360° and, for each value, all other
CNCS and RUT parameters are estimated. This is repeated with both the standard and
cross-swapped cable positions. The retrieved values of the RUT parameters should not
be affected by the cable arrangement if the correct value for A is assumed. If, on the
other hand, the wrong value for A is used, the retrieval of any phase sensitive parameters
will be affected and their estimated values will not be the same for both the standard and
cross-swapped cable positions. An example of this situation is shown in Figure 3.11. The
retrieved value of the RUT forward model parameter G3; is shown as a function of the
assumed value of A in both the standard and cross-swapped cable positions. (In the
figure, G33; has been normalized by (G,,Gw)™’ to reduce the effects of radiometer gain
fluctuations that may have occurred during the test.) There are only two values of A for
which the same value of G3; is retrieved. One of the two values is the correct one and the
other is an ambiguity. The two values differ enough that the ambiguity can be easily

resolved by comparing them to an approximate estimate of A based on network analyzer
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measurements. The correct solution is A = -21.581°. The negative value indicates that

the electrical length of the v-pol channel is greater than that of the A-pol channel.

- normal
————————————————————————— - cable swapped

Figure 3.11  CNCS channel phase imbalance, 4, is retrieved by swapping v- and h-pol
interconnecting cables between the CNCS and radiometer under test. Only one
unambiguous value of A produces the same estimate of the radiometer gain matrix
element Gj;.

Because normalized versions of G3; or G34 are used to derive the CNCS phase
imbalance, cables do not need to be swapped within the time that G3; or G;4 themselves
are stable. This is confirmed by the fact that the channel phase imbalance has, in practice,
been found to be extremely stable over time.

All other parameters of the CNCS forward model, beside the channel phase
imbalance, are retrieved simultaneously with the parameters of the radiometer forward
model during the Newton-Raphson process. Those parameters retrieved while the correct
value for the CNCS channel phase imbalance is assumed are the correct ones. All
parameters of the CNCS forward model are listed in Table 3.6. Monte Carlo simulation

shows that the precision (i.e. RMS uncertainty) of the CNCS output is 0.18 K and 0.13 K
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for the v- and A-pol channels, respectively. The precision of the CNCS channel phase

imbalance is assumed to be the same as that of the radiometer phase imbalance, namely

0.020°.

Table 3.6. Retrieved CNCS Calibration Parameters

kv kh Oawg,v Oawg,h A
(unitless) | (unitless) (K) (K) (°)
1.083 0.980 8.320 6.843 -21.581
10.001 +0.001 +0.239 +0.238

3.6.7 Radiometer Under Test Forward Model Parameters Retrieval

The retrieved polarimetric gain matrix and offsets of the RUT (as defined by (3.3.2)) are
listed in

Table 3.7. The RMS errors in each parameter, as determined by a Monte Carlo

simulation of the retrieval process, are also listed in the table. Only NEDT error is

included in this simulation.

Table 3.7. Retrieved Radiometer Polarimetric Gain Matrix and Offset Vector

Gy Input

(Counts/K) v-pol h-pol 3" Stokes | 4™ Stokes Offset
and Oy (Counts) | (Counts/K) | (Counts/K) | (Counts/K) | (Counts/K) (Counts)
v-pol 12.950 -0.003 0.009 0.000 3515.190

+ 0.010 + 0.010 + 0.004 + 0.004 + 0.520

E. h-pol -0.001 11.779 0.004 -0.026 3925.080
= + 0.008 + 0.008 + 0.003 + 0.003 + 0.441
< 3 0.007 0.010 5.792 2.269 -31.810
Stokes + 0.003 + 0.003 + 0.003 + 0.002 + 0.276

The accuracies of the estimated offsets are given in Counts. If the offsets are from

the receiver noise temperatures, their equivalent accuracies in Kelvin will be 0.040 K,
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0.037 K and 0.048 K, respectively, considering that their channel gains are 12.950, 11.779
and 5.792 Counts/K, respectively.

In order to evaluate the performance of the gain matrix elements retrieval, the
simulated measurements and the retrieved radiometer gain matrix are used to estimate the
Stokes TBs at the radiometer inputs. The simulated measurements are the product of the
CNCS outputs and mean value of the Gain Matrix in

Table 3.7. CNCS outputs consist of the test vectors in Table 3.1 with CNCS model
parameters in Table 3.6. Due to the fact that the radiometer has no 4™ Stokes channel, the
4™ Stokes TBs in the CNCS outputs are set to zero. The estimated 1%, 2 and 3™ Stokes
TBs at the radiometer inputs can be obtained from the measurements in Table 3.1. The
average RMS error for all of them is 0.2 K.

Once the gain matrix is known, the radiometer channel phase imbalance can be

obtained from G3; and G;4 by

sin™ [_*/’“G—_
A¢ — G33 + G34

180° —sin™ [——G%———} if G,<0

v Gy, +G,

The radiometer channel phase imbalance using (3.6.1) is 21.39°, with a positive

if G, 20
J o (3.6.1)

imbalance indicating that the v-pol channel has a longer electrical length. This result was
corroborated by injecting an in-phase sinusoidal test signal into both input channels of the
radiometer and measuring the phase difference between them at the output ports of the
demodulator to be 18.14°. The small discrepancy between the two values is likely due to

the phase imbalance of the 3 dB splitter used to generate the test signal and to phase

97



imbalances in the digital back end of the radiometer, which were not included in the test

using the sinusoidal signal.

‘ -G, -avg(G)
| o G - AVQ(G )

(b)

Figure 3.12  CNCS and radiometer drift. (a) CNCS channel gain drift; (b) channel gain
drift of the DetMit L-band Radiometer
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3.6.8 CNCS and Radiometer Under Test Gain Drift

A ~30 hour time series of measurements with the CNCS and the DetMit
radiometer has been taken to investigate the drift of the CNCS and the radiometer. The
CNCS channel gain drifts are shown in Figure 3.12a. The averages of the CNCS output
are 397.8 Kelvin for v-pol channel and 371.3 Kelvin for A-pol channel. Brightness
temperature variations for both channels are less than 2 Kelvin, and the long terms
stability is better than 0.5%. This result shows the excellent stability of the CNCS.

Figure 3.12b shows the channel gain drift of the DetMit radiometer versus time.
In the afternoon, because the room temperature is relatively high, the radiometer gain is

low. At midnight, the gain is much more stable due to a stable ambient room temperature.

3.7 Validation of the Retrieved Calibration Parameters

The calibration algorithm estimates both CNCS and RUT forward model
parameters simultaneously. Because both forward models account for non-ideal
characteristics, several tests were performed to ensure that non-idealities in the CNCS did
not influence the parameters retrieved for the RUT, and vice versa. The tests involved
introducing certain changes into either the CNCS or RUT hardware and then verifying

that the changes in retrieved parameters responded accordingly.

3.7.1 CNCS Channel Gain Imbalance Validation

A coaxial attenuator was inserted between the AWG and the RF head of the
CNCS, first along the v-pol and then along the A-pol signal paths. The attenuation was

measured to be 1.91 dB by a network analyzer. The retrieved CNCS channel gain
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imbalance parameters (k, and &, in (3.2.2)) were altered as a result. Using the new values
for k, and k,, the maximum possible brightness temperature that the CNCS could
generate decreased by 1.84 dB and 1.89 dB for the v- and h-pol channels, respectively.
The differences from the 1.91 dB change predicted by the network analyzer measurement
likely result from a combination of CNCS parameter estimation errors, network analyzer
measurement errors, and the differences in impedance matching for each of the three

casces.

3.7.2 CNCS and Radiometer Channel Phase Imbalance Validation

An SMA male/female adapter was inserted at various places along the CNCS
coaxial signal path or between the CNCS and the RUT. The adapter introduces an
additional phase imbalance into the system. The locations where the adapter was added
are shown in Figure 3.13. For each position of the adapter, the complete calibration
procedure was followed in order to retrieve all forward model parameters — in particular
both the CNCS and the radiometer channel phase imbalances. One or the other of the
phase imbalances (but not both) should change, depending on where the adapter was
placed. The retrieved change should be close to the electrical length of the SMA adapter
itself, as determined independently by a network analyzer. Small differences are possible
due impedance mismatches between the adapter and the circuit at its point of insertion.
Results of these tests are summarized in Table 3.8. In the table, the letter given in
column 1 (SMA location) matches the spot labeled in Figure 3.13 where the SMA
adapter was inserted. Column 2 (AB¢nes) gives the change in the CNCS phase
imbalance, A, due to the insertion of the adapter. Column 3 (ABgrap) gives the change in

the radiometer phase imbalance, as defined by (8), due to the insertion of the adapter.
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Column 4 (Predicted phase shift) gives the change predicted based on network analyzer
measurements, which varies with each adapter location because the frequency of the
signal changes. Column 5 (Retrieval error) gives the difference between the predicted and
retrieved change in phase imbalance for the retrieved imbalance that was supposed to
change. The change in the other imbalance should in all cases have been zero.

The sign of the changes in phase imbalance listed in Table 3.8 follows sign
conventions for the imbalance in the v-pol channel relative to the A#-pol channel. In each
case, the phase shift due to the adapter has the predicted sign. The RMS error in
magnitude of the retrieved phase shift over all 6 cases, relative to the value predicted by
network analyzer measurements of the adapter, is 0.8°. Any change in the retrieved
phase imbalance for the portion of the system that was not affected by the insertion of the
adapter represents an error. These are the shaded entries in Table 3.8. The RMS value of

these errors, over all 6 cases, is 0.3°.

\';\,J ’E )
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8 B "V l._‘) .
/ % §
/ §
// i
RF Head 2 i H

Figure 3.13  Locations where an additional adapter was inserted to verify the proper
retrieval of phase imbalances between v- and h-pol channels. The circled numbers
indicate the placement of the adapter.
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Table 3.8. Verification of Channel Phase Imbalance Retrieval

SMA ABcnes* ABrap** | Predicted Phase Shift | Retrieval Error

adapter (deg) (deg) (deg) (deg)
Location

A -7.005 |~ 0141 | -7.200 0.195

B 8.018 0.258 7.200 0.818

C -23.554 -0.008 -24.330 0.776

D 24.677 0.204 24.330 0.347

E - 0.205 -32.581 -31.550 -1.031

F 0.620 32.833 31.550 1.283

* ABcnes 1s the CNCS phase imbalance shift due to the SMA adapter
**AOrap is the radiometer phase imbalance shift due to the SMA adapter

3.8 Summary

Test procedures and data analysis algorithms have been presented to calibrate a
fully polarimetric radiometer receiver using the Correlated Noise Calibration Standard
(CNCS). The CNCS is a digital microwave signal generator capable of producing pairs
of simulated thermal noise signals which have independent programmable brightness
temperatures and partial correlation. In order to accurately calibrate the radiometer, it is
necessary to identify and quantify the non-ideal characteristics of the CNCS. In other
words, the calibration source must also be calibrated. It is possible to calibrate both
radiometer and CNCS simultaneously, provided a sufficient number and variety of test
signals and conditions are generated.

Simultaneous calibration is approached by developing parameterized forward
models for both the CNCS and radiometer. The CNCS forward model describes the
relationship between the digitally programmable settings of the signal generator and the

actual brightness temperatures that are generated. The radiometer forward model, in turn,
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describes the relationship between the brightness temperatures entering its input ports and
the detector counts recorded on its data system. Composed together, the complete
forward model relates programmable CNCS settings to radiometer counts. The
simultaneous calibration algorithm estimates the parameters of the complete forward
model from the counts that are measured while the CNCS settings are varied over a
suitable range.

All of the unknown parameter in the CNCS and RUT forward models except the
CNCS channel phase imbalance can be resolved simultaneously. The CNCS channel
phase imbalance which has been shown not to be resolvable simultaneously can be
obtained by cross-swapping the CNCS output cables. Simulations using the CNCS
parameters and the AESMIR gain matrix show that the calibration test set is efficient, and
the calibration algorithm can calibrate a fully polarimetric radiometer with high accuracy.

The calibration method has been demonstrated using L-band versions of the
CNCS and a correlating polarimetric radiometer. All elements of the polarimetric gain
matrix of the radiometer are solved for, including the off-diagonal elements that account
for gain and phase imbalances between polarimetric channels. All necessary gain and
phase imbalance parameters of the CNCS are also retrieved. The validity of the solutions
is tested by intentionally modifying the amplitude and phase imbalances of both the
CNCS and the radiometer in known ways, and then verifying that the calibration
procedure correctly identifies the changes. In all cases, the tests were successful. In
particular, the calibration procedure was correctly able to identify whether a change was
made to the CNCS or the radiometer and whether the change altered the amplitude or the

phase imbalance between v- and A-pol channels.
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The CNCS has both advantages and limitations relative to other methods for
calibrating a polarimetric radiometer. The most important limitation is the fact that,
because it is installed in place of a radiometer’s antenna, the CNCS cannot calibrate the
effects of the antenna itself on measurement of the Stokes parameters in brightness
temperature. Cross-pol leakage in the antenna, for example, would not be accounted for
by the off-diagonal terms of the polarimetric gain matrix estimated by the CNCS. Those
terms would only characterize the behavior of the receiver, orthomode transducer, and
other components and subsystems present during CNCS testing. Antenna effects would
still need to be accounted for by some other means — typically with antenna range
measurements and/or on-orbit intercomparisons with ground truth-based radiative
transfer model predictions. Other, relatively minor, limitations with a CNCS calibration
include the available bandwidth of its simulated noise (currently limited to 500 MHz by
the clock rate of the commercial AWG being used) and the fact that the effective
brightness temperature generated by the CNCS needs to be re-calibrated whenever
changes are made to the radiometer passband response (because the CNCS active cold
load has a frequency dependent brightness temperature).

The primary advantages of CNCS calibration are its simplicity and automation
and its flexibility. The ready availability of a variable brightness temperature source
during receiver development, integration and testing, without the need for LN, cooling,
can be extremely convenient and time saving. The ability to generate known 3 and 4™
Stokes parameters in brightness temperature, to vary them in a known way, and to be able
to precisely and accurately reproduce them later, can greatly simplify the characterization

and trouble shooting of a polarimetric receiver during its development phase. And the
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fact that variations in both signal strength and polarization coherence are programmable
makes fully automated testing straightforward. The precision, or repeatability, of
estimates of the polarimetric gain matrix and offset vector were shown to be
approximately 0.2 K for the gain elements and 0.05 K for the offsets. The accuracy of
the retrieved CNCS calibration parameters can be estimated by comparisons with
network analyzer measurements of the radiometer components. The phase imbalance
between v- and A-pol channels, introduced by adding an SMA adapter (see Table 3.8),
was estimated with 0.8° RMS accuracy with respect to the network analyzer
measurements. Changes in amplitude of the CNCS channels are more difficult to
validate due to the inherent inaccuracies associated with network analyzer measurements
of absolute component losses. CNCS amplitudes have been validated with an accuracy
of at best several Kelvins.

Absolute end-to-end calibration of any radiometer is best done with the complete
system, including its antenna, assembled while viewing external calibration targets. The
greatest value of the CNCS is as a tool during radiometer development. It can generate
precise and repeatable variations in the full Stokes parameters in brightness temperature.
This permits a determination of the relative response of the radiometer to known changes

in its input.
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3.9 Original Contributions and Publication

Original contributions concerning the polarimetric radiometer calibration method

include

1) Development of a CNCS hardware forward model;

2) Development of implementation of a calibration algorithm, including
experimental validation;

3) Development of an impedance-mismatching correction algorithm for the
retrieved radiometer gain matrix and offsets and CNCS forward model
parameters.

One associated paper is published:

1) J. Peng and C. Ruf, "Calibration Method for Fully Polarimetric Radiometers
using the Correlated Noise Calibration Standard,” 1EEE Trans. Geosci.

Remote Sens., 46(10), Oct. 2008.
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Chapter 4

CNCS Application I — Aquarius

The L-Band CNCS was used to evaluate and the Aquarius engineering model
radiometer at NASA Goddard Space Flight Center (GSFC). Evaluation tests included
retrieval of the gain matrix and radiometer channel phase imbalance and the investigation
of the temperature characteristics of the v-pol antenna cable. The calibration method is
described in Chapter 3, except that the effects of impedance-mismatches are not
considered. The effect of calibration error due to radiometer channel phase imbalance has
been analyzed. Results show that the CNCS can generate calibration signals over a large

dynamic range and can calibrate a fully polarimetric radiometer with high precision.

4.1 Introduction to the Aquarius Radiometer

The Aquarius radiometer is a tri-polarimetric radiometer: it has the third Stokes
channel formed by using the p- and m-pol channels and it does not include a fourth
Stokes channel. A detailed block diagram and the illustration are shown in Figure 4.1 and

Figure 4.2 respectively [54].
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Figure 4.1 Detailed aquarius radiometer block diagram [54]
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Figure 4.2 Ilustration of the Aquarius radiometer installation [54]

The p- and m-pol channels are used to estimate the degree of Faraday rotation
with the assumption that the third and fourth Stokes brightness temperatures emitted from
the sea surface at L-band are zero. Since the channel phase imbalance of the radiometer

itself can affect the measurement of the correlation between the v- and A-pol signals, it
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needs to be characterized precisely. The CNCS has the ability to investigate the channel
phase imbalance of the radiometer since it can measure the radiometer gain matrix, and
then obtain its channel phase imbalance.

For each radiometer, the two-channel cables connecting the feed horn with the
Radiometer Front-End (RFE) are temperature controlled, but the control cannot guarantee
perfectly matched temperature variations. Unmatched variations can introduce phase
mismatches, whuch must be predictable in order to be corrected in ground processing.

The CNCS is used to determine the temperature dependent characteristics of the cable.

4.2 Aquarius Radiometer (EM) Calibration

The L-band CNCS is primarily designed for the Aquarius radiometer calibration.
It has almost the same CNCS configuration as that for the DetMit radiometer calibration
except that the output cables are 1 foot shorter due to availability, and the differences of
brightness temperatures provided by the CNCS are 2.35 Kelvin for v-ch and 0.1 Kelvin
for h-ch. Difference of the v-ch might be due to impedance mismatching, calibration error
of the CNCS ColdFET, or the non-ideal characteristics of the CNCS itself. The difference
of two measurements on the CNCS channel phase imbalance is 0.88°, which might be

due to different output cables.

Table 4.1 Gain matrix (in Counts/K) and offsets (in Counts) at 22.3°C

T, T, T3 T, oﬁ"set

C, 0.9374 0.0002 0.0010 -0.0015 455.9503
Ch 0.0003 0.9189 -0.0027 -0.0033 469.3608
C, 0.4683 0.4839 0.4686 0.0684 450.4431
Cn 0.4046 0.3986 -0.3951 -0.0702 759.7019
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The retrieved Aquarius radiometer gain matrix and channel offsets are listed in
Table 4.1. The measurements were made at room temperature and are the average of 4
independent retrievals. It takes 15 minutes to generate the measurements required for
each retrieval. From the gain matrix, the coupling coefficient from v-pol to A-pol can be
determined to be -34.9 dB and the coupling from A-pol to v-pol is -36.6 dB. The offset of
the m-pol channel is significantly higher than that of the others. The phase imbalance
between the v-pol and A-pol channels of the radiometer is found to be 8.31°. Cross-talk in
the video circuits dominates the inter-channel gain elements and this lesson-learned

resulted in design improvements.

4.3 Temperature Characteristics of the Aquarius Antenna Cable

CNCS has the ability to dynamically retrieve the gain matrix. On 8-9 Feb 2007, a
test was conducted in which the physical temperature of the teflon-core coaxial cable
connecting the Aquarius v-pol channel receiver to the antenna assembly was rapidly
increased from 15°C to 44°C, held at 44°C for approximately 20 hours, and then dropped
back to room temperature as shown in Figure 4.3. The objective was to investigate the

temperature sensitivity of the cable.
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Figure 4.3 The physical temperature of the teflon-core coaxial cable

A time series of the retrieved CNCS outputs, gain matrix elements and the derived
phase imbalance between v- and h-pol channels are shown in Figure 4.4. The phase
imbalance can be seen to decrease with increasing cable temperature during the first ~1
hour of the test. The total change in phase imbalance is 0.35° over a temperature change
of 29°C. Several hours after the temperature had reached 44°C, there was a sudden
decrease in the gain of the M-pol radiometer channel, as seen in the time series of raw
measurement of M-pol channel in Figure 4.5, while measurements in other channels kept
stable. This hardware shift generated a spurious jump in the retrieved parameters including
phase imbalance, shown in Figure 4.4, that is probably not real. Once the gain stabilized
at its new lower value, the retrieval of parameters—the gain matrix elements and offsets,
the CNCS outputs, and radiometer phase imbalance—recovered back to its previous value.
Near the end of the experiment, the temperature was lowered back to ambient and the
phase imbalance shifted back toward its original value (but not quite all the way since the

temperature was not cooled all the way back down to 15°C). The precision of the retrieved

channel phase imbalance is 0.02°.
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Figure 4.4 Change in Aquarius radiometer gain matrix elements (a~d), v-pol/h-pol
phase imbalance (e) and CNCS output (f) during ~24 hour test while varying v-pol input
cable temperature.
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Figure 4.5 Aquarius radiometer raw measurements

4.4 Effect of Calibration Error to the Retrieved Sea Surface Salinity

As mentioned in section 4.2, the third Stokes channel is used to estimate the
degree of Faraday rotation with the assumption that the third and fourth Stokes from the

sea surface at L-band are zero. If there is error in the estimated radiometer channel phase
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imbalance, the estimated degree of Faraday ration will be biased and the retrieved SSS
will be wrong.

A radiometer can be treated as a combination of a perfectly phase-balanced
radiometer with gain maxtrix G “and a phase shift network. The phase shift network can
be represented by the matrix M, or

0 0 0
1 0 0
0 cos(Ag) sin(Ag)
0 -—sin(A@) cos(Ag)

(4.4.1)

o O O =

where A¢ is the radiometer channel phase imbalance.
The matrix of the phase shift network can be divided into 2 matrices. One
contains the estimated radiometer channel phase imbalance only and the other contains

the error of the estimated radiometer channel phase imbalance.

1 0 0 0
01 0 0
Mest = 1 (4423)
0 0 cos(Ag,,) sin(Ag,,)
0O 0 - Sin(A¢m ) COS(A¢L’X!)
and
0 0 0
1 0 0
v - (4.4.2b)

err

0 cos(Ag,,) sin(Ag,)
0 -—sin(A@,) cos(Ag, )

err err

o O O =

where A¢,, is the estimated radiometer channel phase imbalance and Ag,, is its

rr

estimated error, and Ag = Ag,, + Ag,

rr*®

So the true radiometer gain matrix is given by
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G=G'" M=GM, M, 4.4.3)

The estimated input Stokes brightness temperatures {7T,,,, X = v, h, 3 & 4} and

,est >

the true input Stokes brightness temperatures { Tx' x=v,h, 3 &4} are related by

T, oo T,
|
e T;
or
T =T, (4.4.5)
T, =T, (4.4.5b)
T,,, =T, cos(Ag,, )+ T, sin(Ag,,) (4.4.5¢)
T, .. =-T,sin(Ag,, ) + T, cos(Ag,,) (4.4.5d)

The fourth Stokes brightness temperature is insensitive to the Faraday rotation.
With the assumption that the fourth Stokes brightness temperature from the sea surface at
L-band is zero, 7, in Equations (4.4.5¢c) and (4.4.5d) is zero.

Ignoring the contribution of the third Stokes parameter from the sea surface, the

degree of Faraday rotation is estimated by [19]

T,
cht = ltan_l — e ’
2 T T,

v,est - h,est

(4.4.6)

| T,
=—tan - = CcOs(A
> { 7 <o %)}

and the v- & h-pol brightness temperatures from the sea surface are estimated by

[19]
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4
T _T/ 2 ’ s 2 T3,esr :
= cos" €, +7T, sin°Q ———sin2Q
‘ 2

v,est v,est h.est

- (4.4.72)
=T cos’Q,, +T;sin’Q,, - ?3 cos(Ag,, )sin2Q
’ « 2 ’ 2 TB,esl .
Th,est = Tv,est Sin Qest + Th,est Cos Qest + ésm 2Slest
2 (4.4.7b)

’

’os , T .
=T/sin’Q,, + T,/ cos’Q,, +—23—cos(A¢8 )sin2Q,

rr

where the value of { T}, x = v, h & 3} is from Equations (1.3.2) & (1.3.3) with T3 =0.

The estimated v- & h-pol brightness temperatures from the sea surface are
function of the calibration error of the radiometer channel phase imbalance. When the
calibration error is zero, the estimated brightness temperatures are unbiased. If the
calibration error is non-zero, the estimated errors would be given by

&v = Tv,es‘t (A¢err) - Tv,est (A¢err = 0) (44.88)
&h = Th,est (A¢err ) - Th,est (A¢err = 0) (448b)

Assuming that SSS = 32.54 ppt, SST = 15 °C, and the v- & h-pol brightness
temperatures are 114 Kelvin and 77 Kelvin respectively, the estimated errors versus the
calibration errors of the radiometer channel phase imbalance are shown in Figure 4.6.

The error can’t be ignored. For example, with 10° Faraday rotation angle and 7°
calibration error of the radiometer channel phase imbalance, the errors on v- & A-pol
brightness temperatures will be -0.016 K and 0.016 K. Considering that the requirement
of the long-term calibration stability is 0.15 K over 7 days [54], the 7° radiometer channel

phase imbalance error will contribute 11% of the error budget.
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Figure 4.6 Effect of the calibration error of the radiometer channel phase imbalance

4.5 Summary

The new and improved L-Band CNCS was used to evaluate the Aquarius

engineering model radiometer at GSFC. The CNCS channel phase imbalance can be
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retrieved by cross-swapping CNCS output cables. All other unknown parameters of both
the CNCS and the radiometer under test can be retrieved simultaneously.

Tests included retrieval of gain matrix and radiometer channel phase imbalance
and the investigation of the temperature characteristics of the v-pol antenna cable. The
effect of the calibration error of the radiometer channel phase imbalance has been
analyzed. Results show that the CNCS can generate calibration signals over a large

dynamic range and can calibrate a fully polarimetric radiometer with high precision.

4.6 Original Contributions and Publication
The original contributions related to the application of CNCS calibration to the
Aquarius radiometer include:
1) Gain matrix and channel phase imbalance for the Aquarius radiometer are
obtained;
2) Characterization of the temperature dependence of the Aquarius antenna cable
with respect to phase imbalance;
3) Analysis of the effect on system calibration of the radiometer channel phase
imbalance.
One associated paper is published:
1) J. Peng, C.S. Ruf, S. Brown and J. Piepmeier, “Characterization of the
Agquarius and Juno Radiometers Using a Programmable Digital Noise
Source,” Proc. 2007 IEEE International Geoscience and Remote Sensing

Symposium, Barcelona, SPAIN, 23-27 July, 2007.
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Chapter 5

CNCS Application II — Juno

Juno is a mission to explore Jupiter by peering deep into Jupiter’s atmosphere to
uncover evidence of fundamental processes associated with the formation and early
evolution of our solar system. The primary instrument is the Juno Microwave Radiometer
(MWR) and its primary goal is to profile the relative abundance of water and ammonia
gas in the deep atmosphere of Jupiter.

The Juno MWR built by the JPL consists of 6 frequency bands centered at 0.6,

1.25,2.6,5.2, 10 and 22 GHz. The spacecraft is illustrated in Figure 5.1 [75].

JunoCam Waves Electric Antfggxa

g

3
| MWRt2GH
4 Antenna

WMWR 600 MHz
JADE-E #1 Antenna

EPD #2
JADE-E #2

JADE-E #3

4.8 GHz Antenna ™
2.4 GHz Antenna

Waves Magnetic Search Coil MWR Antenna Panel v X

(a) Front view (b) Back view

Figure 5.1 Illustration of the Juno spacecraft [75]
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The MWR will obtain measurements by scanning Jupiter along the orbital track as
the spacecraft spins around its z-axis in Figure 5.1. Due to the synchrotron emission,
which is electromagnetic radiation generated by extremely high speed electrons
accelerating through its magnetic field, the received brightness temperature could be high
up to 20,000 Kelvin at the longest wavelengths. To correct for the synchrotron emission
entering the radiometer, its dynamic range needs to be much higher than that of a
conventional radiometer used for Earth remote sensing with an upper limit of
approximately 300 Kelvin.

The L-band CNCS was used to calibrate the breadboard model of the 1.2 GHz
channel of the Juno MWR receiver. Its bandwidth is 25 MHz . Calibration tests include
linearity tests and a Juno orbit TB profile simulation. The goal of these tests, for our
purposes, is to demonstrate that the CNCS has the ability to calibrate the Juno radiometer.
The goal for the Juno project is to verify the required performance of the MWR receiver
and to fully characterize its performance as part of the development of a Level 1 flight

calibration algorithm.

5.1 CNCS Linearization

The current version of the CNCS was originally designed for the 1.4 GHz
Aquarius radiometer, and the highest brightness temperature that could be output is
approximately 5000 Kelvin with a 60 MHz signal bandwidth. The lowest brightness
temperature is 110 Kelvin (limited by the CNCS ColdFET, with a brightness temperature

of 104 Kelvin at 1.2 GHz).
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The voltage gain of the AWG output amplifiers can only be varied over a range of
[0.17, 0.25], resulting in an AWG dynamic range of 3.3 dB. For this reason, 12 lookup‘
tables with different signal variance are used to cover the brightness temperature range of
[110, 5000]. Overlap exists in the signal strength produced by neighboring lookup tables
when the AWG output gain is varied. Therefore, the net output signal strength is a
function of both the lookup table selected and the setting of the AWG output gain, and

the CNCS forward model becomes

T, om=k,GT, +0

cnes,m awg.m

+ T'wld (5'11)

where k,, is scale factor used to represent gain imbalance between the two CNCS
channels. G is the voltage gain of the AWG channel with range [0.17 0.25]. T,, = 4480
Kelvin is the nominal brightness temperature generated by the AWG, and Ogyem is a
possible offset brightness temperature. T,y is the brightness temperature of the ColdFET.
The subscript m designates the index of the lookup tables.

The output brightness temperature 7., of lookup table m could be calibrated
using conventional two-point temperature calibration method assuming a linear
radiometer with enough large dynamic range. But there are two problems. One is that the
known calibration sources are the CNCS ColdFET (Cold load) and Reference Load (Hot
load). The brightness temperature of the hot load is around 300 Kelvin and the difference
of brightness temperatures between the two known sources is about 200 Kelvin. Using
the two calibration sources to measure the brightness temperature of 5000 Kelvin (or
20,000 Kelvin) will lead to large calibration error. The other problem is that the linearity
of the radiometer is unknown, so the assumption does not stand.

One solution to this problem involves attenuating the AWG brightness

temperature so that the CNCS output brightness temperature is in the range of the
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brightness temperatures of the hot and cold loads. The CNCS forward model will be
given by

T . =Alk G’T +0,, )+T., (5.12)

cnes,m awg .m

where A is the value of the attenuator.

Then the brightness temperature 7., . can be calibrated using the hot and cold

cnesm
loads. If the attenuator is well known, the brightness temperature 7., can be derived.
The attenuator can be measured in two approaches. The first approach is using a
network analyzer, while the other approach is to measure it in-circuit. In-circuit
measurement could be more accurate because the effect of impedance-mismatch is

included in the derived value of the attenuator.

S.1.1 Calibration of an Attenuator in-Circuit

An attenuator inserted between the AWG and the RF Head can be calibrated in-
circuit to obtained higher precision compared to measuring it with a network analyzer.
Prior to linearization of the radiometer under test, it is necessary to constrain the CNCS
output brightness temperature to be in the range of the brightness temperatures of the hot
and cold loads. This is because the radiometer is regarded as linear in this range. So the
AWG lookup table should be selected to satisfy this requirement.

For the L-band CNCS, the lookup tables with index less than or equal to 6 will
satisfy this requirement (Lookup table 1 has the highest output brightness temperature).
For each lookup table, at least four equations can be obtained with different AWG gain
and with/without the attenuator present.

(66T, + 0, J 0

C,=G (5.1.3a)

rad rest
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Cl,,m = A ' Grad ) (kalzT;l + Oawg,m )+ Ore.vt (5 1 3b)
C2,m = Grad ' (ka22Tn + Oawg,m )+ Orest (513C)
C,=4-Gy (kG T +0,, . )+0,, (5.1.3d)

where G, is the gain of the radiometer under test, in Counts/Kelvin, and O, is the
offset due to the CNCS ColdFET, radiometer noise figure, etc. in Counts.

The value of the attenuator can be obtained by

c, -C
A=—12_2m (5.1.4)
Cl,m - C2,m

For example, the value of a 2 dB attenuator obtained in this way is plotted in
Figure 5.2. The average value is -1.855 dB with an error of 0.07% which does not include
the effects of mating/demating the connector. The value of the 2 dB attenuator measured

by a network analyzer is -1.915 dB.

Figure 5.2 Measured value of the 2 dB attenuator

5.1.2 Retrieval of the CNCS Forward Model Parameters

There is another way to obtain the CNCS forward models without bringing down

the CNCS outputs below the 300 Kelvin that is the brightness temperature of the CNCS
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hot load. The advantage of this approach is that it does not require on the linearity of a

radiometer above 300 Kelvin, and only one attenuator is needed. The attenuator is

measured using the method in section 5.1.1.

The procedure is shown below:

1)

2)

3)

4)

Start from lookup table 1 (m = 1) with known brightness temperature 5000
Kelvin (maximum, let it be Teyes.m max)-

Take a measurement with AWG gain G = 0.17. Let the radiometer output be
Cn.

Insert a 2 dB attenuator between the AWG and the RF Head, then adjust the
AWG gain so that the radiometer output is equal to C,,. If the exact matching
is hard to obtain, interpolation can be used to find it. Record the
corresponding AWG gain G,4. Then the following relation can be obtained.

0.25°k,T,+O T,.=T (5.1.52)

awg .,m + C Cches, ht,max

0.172k,T, + 0, , = A-(G, 2k, T, + O, ) (5.1.5b)

awg ,m

With determined value of the 2 dB attenuator, A, the forward model

parameters of lookup table m can be obtained

km - (A - 1)(7‘mcsém,max - T:'old ) (5 1 6a)
(0.252°4-G,2A-0.0336]T,
2 2
o, - (0.17 ;AIGA Ir L (5.1.6b)

Find the maximum output brightness temperature, Teyes m+1,max, Of lookup table

m+l1.
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5)

Because the nearby lookup tables are overlapped, the maximum outputs
of the to-be-determined forward model of lookup table m+1 can be found. The
approach is to adjust the AWG gain with lookup table m so that the radiometer
output is equal to that with AWG gain 0.25 and lookup table m+1.
Interpolation is used here as well. Assume that the adjusted AWG gain is Gy.

=Gf2ka" +0,,. . +T,, (5.1.7)

cncs,m+1,max awg ,m
Repeat steps 2~4 until all the forward model parameters of all lookup tables

are determined.

In these 2 approaches, the CNCS forward model parameters can be obtained

and they are listed in Table 5.1.
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Table 5.1 Retrieved CNCS forward model parameters

Index of Parameter | Approach 1 | Approach 2
Lookup Table
1 k 17.387 17.481
Ouwg 92.131 87.211
2 k 8.706 8.737
Oawg 46.995 46.239
3 k 4.379 4.376
Ouawg 22.180 24,182
4 k 2.197 2.190
Oawg 11.035 13.378
5 k 1.096 1.096
Oy 6.817 7.851
6 k 0.553 0.545
(O 2.720 5.944
7 k 0.277 0.273
Og 1.420 4.427
8 k 0.139 0.136
(0 0.571 3.860
9 k 0.093 0.093
(0 0.504 3.422
10 k 0.051 0.050
Oawe 0.272 3.225
11 k 0.028 0.028
Oawg 0.104 2.788
12 k 0.015 0.017
Oawg 0.113 2.441

Note: In approach 1, the attenuators are measured by a network analyzer;
In approach 2, the attenuator is measured in-circuit.

5.2 Juno BM Radiometer Linearity Test
After the CNCS forward model is established, the CNCS can output signals with

desired brightness temperatures. Injecting signals by sweeping brightness temperatures
from the lowest to the highest will measure the linearity of the radiometer.

The AWG gain is changed from 0.17 to 0.25 in steps of 0.01 for each lookup
table. The corresponding output brightness temperature 75, from CNCS is injected into

the Juno radiometer. The radiometer output counts are calibrated into brightness
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temperature 7 referred to the radiometer input port, using the CNCS ColdFET and

cnes,m
Reference Load as calibration sources, under the assumption that the radiometer is linear.

If the assumption is true, T,ye5m and T will be equal; otherwise, they will differ. The

difference is a measure of the non-linearity of the Juno radiometer.

For example, assuming that the CNCS output is 7; in Figure 5.3, the radiometer
output will be Cy, if the radiometer is linear. Using the CNCS ColdFET and Reference
Load, the radiometer input can be estimated if the effect of the noise uncertainty is
ignored. If the radiometer is nonlinear, the radiometer input and the estimated input will
be different. The radiometer output will be larger than C; if the radiometer has gain
expansion behavior. The estimated input will be 7, in Figure 5.3 and it’s larger than 7.

For a radiometer that has gain compression behavior, the result is opposite.
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Figure 5.3 Mlustration of the linearity
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~ Juno Radiometer Lmaari

- Attenuator measured in circuit

Attenuator measured by a network analyzer

Figure 5.4 Juno BM radiometer linearity

Assuming that the true radiometer input brightness temperature is 7., and the

calibrated input brightness temperature is 7., the difference between them will be given

by

O[B=T, -T (5.2.1)

cnes ~ Lenes
Test results for the Juno radiometer are shown in Figure 5.4. It can be seen that
the gain of the Juno radiometer increases with signal strength. This indicates that the
radiometer has gain expansion, not compression.
The TB overlap that is evident in Figure 5.4 is due to the overlap of the brightness
temperature covered by each lookup table. This also shows the repeatability of the TB

when the lookup table is changed.
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5.3 Juno Orbit TB Profile Simulation

Orbital TB profile simulations were generated by the CNCS to test the full
response of the Juno radiometer in a realistic setting. During the simulation, the CNCS
dynamically updates the AWG lookup table and the AWG gain to simulate the Juno orbit
brightness temperature profile. Then the radiometer output is compared with the input TB
profile.

Figure 5.5 shows the result of the orbit simulation of the TB time series expected
during a 30 sec full 360° pitch maneuver by the spacecraft. Figure 5.5a shows a typical
Juno orbit TB profile. The extremely high TB values near the center of the time series
result from synchrotron emission by Jupiter’s radiation belts at L-band. In the Figure, the
time series begins with upwelling emission from the Jupiter atmosphere, then sweeps off
the planetary limb and begins to encounter the synchrotron emission. Figure 5.5b shows
the calibrated brightness temperature. In the middle of the measurements, a marker is
~ added to separate the two orbit TB profile data. There are several glitches which are due
to the AWG lookup table switching. These glitches can be easily removed by data

processing and the result without glitches is shown in Figure 5.5c.
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(a) Juno orbit TB profile

CNCS Simulated Juno MWR Spin with table breaks

1100 |
1000
s00| ]
800 :

700 -

R2 Antenna Temperature

600 - -

500 ] -
400 L ... .
I - NS e

Lt [T . I
1400 1600 1800 2000 2200
Index
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(c) Calibrated TB with glitch removed (Courtesy of Dr. Shannon Brown, JPL)

Figure 5.5 Juno orbit simulation
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5.4 Summary

The new and improved L-Band CNCS was used to evaluate the Juno breadboard
radiometer at JPL. To measure the linearity of the L-band Juno radiometer receiver in
broad dynamic range, multiple AWG lookup tables with different standard deviation are

used and the CNCS forward model associated with each AWG lookup table is established.

Two approaches are introduced to establish the CNCS forward models with each
AWG lookup table. Both approaches need attenuator(s) to vary the CNCS outputs. One
approach uses attenuators to bring down the CNCS outputs with each AWG lookup table
into the range from the ColdFET brightness to that of the reference load, and then calibrate
them with the two calibration sources. With the attenuators measured using a network

analyzer, the CNCS forward model in broad dynamic range can be established.

The other approach uses only one attenuator. The attenuator can be measured in-
circuit without being affected by the nonlinearity of the radiometer. The radiometer is only
used to find the same output for the CNCS with/without the attenuator inserted between
the AWG and the RF Head. With one known output which can be recursively derived
from the neighboring AWG lookup table and its related CNCS forward model, the CNCS

forward model related with its current AWG lookup table can be established, and so on.

For both approaches, the measured linearity of the Juno radiometer is almost the

same. Both results show that the Juno radiometer has gain expansion behavior.

With an established CNCS forward model, the CNCS can also generate desired

brightness temperatures to simulate the Juno orbit brightness temperature profile.
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Although there are glitches in the outputs due to switching between AWG lookup tables,

these glitches can be easily removed by data processing.

All of the applications show the flexibility of CNCS and that the CNCS can

generate calibration signals over a large dynamic range to calibrate a radiometer.

5.5 Original Contributions and Publication
The original contributions related to the application of CNCS calibration to the
Juno radiometer include:
1) CNCS linearization over a large dynamic range;
2) Test the Juno radiometer (L-band) linearity;
3) Juno orbit brightness temperature profile simulation.
One associated paper is published and this paper is also listed in Chapter 4:
1) J. Peng, C.S. Ruf, S. Brown and J. Piepmeier, “Characterization of the
Aquarius and Juno Radiometers Using a Programmable Digital Noise
Source,” Proc. 2007 IEEE International Geoscience and Remote Sensing

Symposium, Barcelona, SPAIN, 23-27 July, 2007.
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Chapter 6

Conclusion

6.1 Contributions

This main theme of this dissertation is the development of the calibration
algorithm for a polarimetric radiometer using the Correlated Noise Calibration System
(CNCS). We have successfully accomplished this task through several stages of
development: (1) the theoretical derivation of the covariance matrix of fully polarimetric
radiometer measurements, and its experimental verification; 2) the development of the
CNCS forward model; 3) the development of the polarimetric radiometer calibration
algorithm; 4) Application to the Aquarius radiometer calibration; 5) CNCS linearization
with broad dynamic range of the output brightness temperature signal, with application to
the Juno radiometer calibration.

There are in general two types of detection methods used for polarimetric
radiometers: coherent detection and incoherent detection. In both cases, the received
brightness temperature noise signal and the noise generated internally by the receiver can
be modeled as additive, zero mean, white Gaussian noise signals. By modeling the signal
flow through all of the components in the radiometers, the covariance matrix of the

radiometer measurements has been derived for both types of radiometer detection. For
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the incoherent detection case, there are several approaches to form the third and/or fourth
Stokes parameters. It is shown that the precision of the resulting measurements (the
radiometer NEDT) is the same for each approach, provided the detector sensitivities of
the square-law detectors are the same. The radiometer NEDT of the other polarization
channels, besides the vertical and horizontal polarization channels, have also been
derived. The results have been experimentally verified with a tri-polarimetric radiometer
(the DetMit radiometer).

CNCS is a programmable calibration source intended for use by a polarimetric
radiometer. The calibration source can generate two channel signals with ‘desired’
correlation between the signals. Due to hardware limitations, there are non-ideal
characteristics of the CNCS and they need to be determined during radiometer
calibration. For this reason, a parameterized CNCS forward model has been developed to
describe the CNCS characteristics, and its parameters estimated from measurements.

Based on the CNCS forward model and a polarimetric radiometer forward model,
a calibration algorithm has been developed. The advantage of this calibration algorithm is
that it can calibrate a polarimetric radiometer and at the same time determined the non-
ideal characteristics of the CNCS itself. The CNCS channel phase imbalance is estimated
by cross-swapping the CNCS output cables. A theoretical analysis shows that the CNCS
channel phase imbalance is not retrievable without cross-swapping the CNCS output
cables. A Monte-Carlo simulation is used to determine a reasonable calibration data set
needed for the calibration algorithm to perform with sufficiently high accuracy. A
calibration procedure is described to implement the calibration algorithm. The effect of

impedance-mismatches between the CNCS and the radiometer is considered and a
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resulting correction is derived for the estimated radiometer gain matrix and offsets. The
calibration algorithm is demonstrated using the DetMit radiometer. The retrieved CNCS
channel gain imbalance and the CNCS/radiometer channel phase imbalance are validated
experimentally. Results show that the polarimetric calibration algorithm can calibrate a
polarimetric radiometer effectively with high precision.

The CNCS was used to calibrate the engineering model of the Aquarius
radiometer, including the temperature induced phase imbalance characteristics of the
Aquarius antenna cables. The effect of errors in calibration of the radiometer channel
phase imbalance on the retrieved sea surface salinity has also been analyzed. Results
further show that the CNCS can calibrate a polarimetric radiometer with high precision.
For example, the uncertainty in the retrieved radiometer channel phase imbalance is
0.02°.

The CNCS has also been linearized over a very wide output dynamic range in
order to calibrate the Juno radiometer. Two approaches are developed to establish the
CNCS forward models, using multiple AWG lookup tables. In addition, the CNCS can
generate a programmable brightness temperature profile in order to simulate the Juno

brightness temperature profile expected while in orbit around Jupiter.

6.2 Future Work

The work presented in this dissertation represents the first complete analysis and
implementation of polarimetric radiometer calibration using the CNCS, and of its
application to radiometers with extremely wide dynamic range. All of the calibration

efforts to date have been taken before launch, and the calibration has only applied to
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radiometer receivers. Considering these limitations, future work is recommended in
following areas:

1) Develop a new and compact CNCS for on-orbit calibration of a space-borne
radiometer;

Currently a commercial AWG is used to generate correlated noise signals, and the
AWG is mounted in a PXI chassis, so the overall weight and size are not suitable for
space application. In addition, most of the complex functions of the AWG are not needed
for the CNCS application. For polarimetric radiometer calibration, the lookup tables are
fixed and don’t need to be dynamically updated. So it should be possible to develop a
new and compact CNCS for on-orbit radiometer calibration.

2) Add a known correlated noise source to the CNCS so that cable-swapping isn’t
required during calibration and develop a new inversion algorithm to support it;

The radiometer channel phase imbalance can’t be obtained unless the CNCS
channel phase imbalance is known. This could be accomplished if a known, correlated
noise source was included in the CNCS, so that an unknown polarimetric radiometer can
be calibrated without cross-swapping CNCS output cables. The corresponding calibration
algorithm needs to be developed as well.

3) Add an antenna to the CNCS for end-to-end calibration.

Currently, the CNCS can only calibrate a polarimetric radiometer receiver without
a radiometer antenna involved. It would be useful to be able to calibrate the complete
radiometer system. Because an antenna can’t be ideal and the signal can enter the
radiometer from the antenna sidelobe, the radiometer calibration will be more

complicated.
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Appendix 1

Stokes Parameters in Different Coordinate Systems

In a spherical coordinate system, vertically and horizontally polarized signals are
defined along the unit vectors 0 and ¢3, respectively. Assume that the unit vector 7 is the
same as the unit vector Z in the rectangular coordinate system, or 6 = 0. Then the

spherical components (vertical component E, and horizontal component E,) of a plane
wave are related its rectangular components ( £, and E y) by [76]
E,=E cos¢+E sing (Al.1a)
E,=-E sing+E cos¢ (Al.1b)

The modified Stokes parameters can be calculated as

2
Vo = L{E} ? cos? ¢+|E};I2 sin’ ¢ + (E;E) + EyE:)sin¢c05 ¢}
o (A1.22)
=__’}2_{E 2cosz¢+‘E |2 sin® ¢ + Re{E E*}sin2¢} |
knB * g v
12 2 .2 2 2 * * .
Toop = B E,| sin ¢+|Ey| cos” @— (E_‘,EX + E),Ex)sm¢cos¢
" (Al1.2b)
= ’I—Z{E sin® g +|E,| cos® ¢ - Re{E, E] Jsin 2¢}
knB * Y Y.
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ﬂ/z *
Ty =25 Re{E,E} |

) (A1.2¢)
k’}]B {QE "-|ES )sm 2¢ + 2Re{E, E; Jcos 2¢}
2
Typ = 2k’1— im{E,E; }
" (A1.2d)

{E,E}

where the subscript 8¢ indicates the use of a spherical coordinate system.

In a rectangular coordinate system, E, and E, are defined as horizontal and

vertical polarization components, respectively [8, 28]. Then the Stokes parameters in the

rectangular coordinate system are defined as

2
T, £,
T 2 2
| A Bl (AL3)
T3,xy kﬂB ZRC{E E,\}
To 2 Im{E E.}|
Equation (A1.1) can be expressed as
T,
T, =T,, sin o+ T, cos’ g+—= 2 -sin 2¢ (Al.4a)
5 T,,,
T,s=T,,cos" ¢+T,  sin ‘- 2 — sin 2¢ (Al1.4b)
T3,9¢ = (TL,xy - Th,xy )Sln 2¢ + T COS 2¢ (Al 4C)
Toos =—Ti. (Al1.4d)

where the subscript xy indicates the use of a rectangular coordinate system.

For Stokes parameters, the relations to the modified Stokes parameters are given
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I, =1

op xy
Qpp =~0,,cos 20+ U, sin2¢
Uy =0, 5in2¢+ U, cos2¢

V,, ==V

xy

(Al.5a)
(A1.5b)
(A1.5¢)

(A1.5d)

Once their axes are overlapped, and ¢ =0, Equations (A1.4) and (A1.5) become

T, o9 T
T, 0 T,
7;,0(1) T;,xy
T4~‘9¢ - T4,xy
and
I‘9¢ I Xy
Q¢9¢ - Qxy
Ugy U,
V9¢ - ny
For ¢=90°
T:’v% T:/,xy
Thﬂf/ﬁ — T;l,xy
T3,0¢ - T3 Xy
T4«‘9¢ - T4,xy
and
19¢ I Xy
Q‘% Qxy
U | |-U,
V9¢ - ny
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Appendix 2

Covariance of Hybrid Combining Polarimetric Radiometer Signals

The time varying voltages b,(¢) and b,(¢) in (2.2.1) are associated with the v-

and h-pol brightness temperatures observed by the radiometer. Their lag cross correlation

is given by [12]
(bv )b, (t - T)> = {—7—;— cos(2nf,.7)— Zzisin(Z@fcr)}sinc(B 7) (A2.1)

The time varying voltages »,(f) and #,(t) in (2.2.1) are associated with the noise

in the v- and A-pol channels of the radiometer hardware. The noise generating hardware
components are, for the most part, distinct between channels and so their lag cross

correlation also satisfies
(n,(On,(t-7))=0 (A2.2)
The auto correlation and lag cross correlation between the signals v,(#) and vx(t) in

(2.2.1) can be expanded as

R, (@) =(v®)v,(-1)
= Gv<[bv @) +n,@]- b, -7+ n,t - D))
= G,(b,(0b,(t =)+ n,(On,(t = 7))
=G,T,, sinc(Bt)cos(2rf.T)

vosys,y

(A2.3a)
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R, @) =@ -v,(t-1))
=G, ([b,®) +n,®)- bt — ) + n,(t - D))
=G, (b, ()b, (t — 7) + n, (), (t ~ 7))
=G, T, ,sinc(Bt)cos(27f.7)

sy

(A2.3b)

R, (D)=(v,(1)-v,(t-7))
=JG.G,{[b,(t)+ n,®)[b,(t =)+ n,(t - 7)) (A2.3¢)

=.GG, {% cos(2f,.7)— % sin(27yﬁ2‘)}sinc(3 7)

R, (D) =(v,()-v,(1-7))
=JG,G, (b, +n, )b, ~7)+n,(-) (A2.3d)

=,G,G, {% cos(2nf. 7)+ %sin(Zigﬂ.r)}sinc(B 7)

where T, =T +T,, and T,

SYS,V sys.h

=T, +T,, are the equivalent system noise temperatures

of the v- and A-pol channels respectively.
Useful higher order auto and cross correlation statistics for v,(z) and v,(t) can be

written in terms of the 2" order statistics using the identity
<abcd>=<ab><cd>+<ac><bd>+<ad><bc>, which is valid for zero mean, gaussian

distributed random variables [1]. These higher order moments are

(v2(ewl(t—1) =R, (0)+ 2R}, () (A2.4a)
HOIA G ))=R,,(0)R,,(0)+2R?, () (A2.4b)
(v2(Ow, =), (t=D) =R, ,O)R, ,(0)+2R, ()R, , () (A2.4¢)
(vi (oW (t=1)) = R}, (0)+ 2R} () (A2.4d)
(vi@eWHt=D) =R, (O)R,,(0)+2R; (7) (A2.4¢)
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(Vi@ (=TI, (t~7)) = R, ,(O)R, ,(0) +2R, (DR, () (A2.4f)
(v, (v, (V. (t-7)) =R, (R, ,(0)+2R, (DR, ,(7) (A2.4g)
(v, (0w, (Wi (t=1)) =R, ,(O)R, ,(0)+ 2R, , (DR, ,(7) (A2.4h)

(v, (O, OV, (t =TI, (t=1)) = R%,(0)+ R, , ()R, , (1) + R, , (D)R, , () (A2.4i)

v,h
In order to derive the auto correlation and lag cross correlation of the output
signals from the radiometer, x (t), x,(¢), x,(t), x,(t), x,(t) and x.(z), the auto
correlation and lag cross correlation of the intermediate signals entering the low pass

filters, w, (1), wp(t), wy, (t), w, (), w,(t) and wg(?) in (10), must first be determined.
The auto correlation of w, (f) can be expanded as

R,, .. (D) =(w,Ow,(-1)
=c2(Viwl(t-1)
=c2{R2,(0)+2R?, (1)}
=cGIT,, , +cIGIT,, , -sinc® (BD)[L+ cos(47f,7)]

= 2G2T2 [1+sinc?(Br)|+ c2G2T2_sinc?(B7)cos(47f.7)

v v sys,py vy T sysy

(A2.5a)

The cross-correlation between w, (¢) and w,(#) can be expanded as
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Ruv,wP (T) = RwP wy (_T) = <wv (t)wP (t - T)>

=5Ce <v O, -7y +v, ¢ - >

S8 VROV =)+ 0O, (=T, (=) + V2OVt =T))

ql\-)

“E(R, )+ 2R, (1) + 2R, , (O)R,,,(0))
+ VTP<4RW (DR, , (1) + R, (OR, ,(0)+ 2R, (7))
C CP Gv T‘ys v{ Sys,V + \/ET3 + gTsys,h}

IRDINCE wv+—\/——g—T3 +277 bsinc*(Br)
2 2 4

+C2C” G> { - +§T3j —% 42}sinc2(3r)cos(4zgﬁ.r)

LGk G? TT sinc” (BT)sin(44f.7)
_‘—2 xys v

(A2.5b)

Similarly, the other relevant auto correlations and lag cross correlations can be

expanded as

va.wM (T) = RwM,wv (_T) = <Wwv (t)WWM (t - T))
CVCM 2
= T(vvz(t)[vv(t ~0)-v,-Df)
- %@f(r)vf(r ~ )= 22O, (t =TIy, (t = D) + v} (v (= 7))

= 5—?—(1&3 ,(0)+2R%, ()~ 2R, (O)R, , (0))

+ %M—<_ 4RV.V (T)Rv,h (T) + Rv,v (O)Rh h (O) + 2Rv h (T)>

M Gvas v{ DANY '\/_‘T +g w;h}
+£ CM S {(T -y J +%Tf}sincz(31’)
+ & Gz{( s J i—Tf}sincz(BT)cos(My‘LT)

o Gf{\/?g‘nys,vn -2, 4}sinc2(Br) sin(47,7)

o
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va,wh (T) = Rwh,wv(—T) = <wv(t)wh (t - T))
=c,c, <vv2 (t)v,% (t— T)>
= c.c,{R(OR, ,(0)+ 2R, (1)}
= cvchG gT T (A2.5d)

sys, v sys.h
+5 G2 {1 + 77 hine* (B7)
+ 9% G2 - 17 bine’ (B cos(4f, )

VS8 G2y T i B

va,wL (T) = RwL,wv (_T) = <WV (t)WL (t - T))

2
2 1
:%<VV (t){vh(t—1')+vv(t—-2'—@c:)} >

C,Cp 2 :
_6C ; {<v (I)Vh (t- 1-)> < V(t)vvz(t—f—:rf:)>}

CRIND: _ U
+ 5 <2vv ®v, -0, (-7 af )>

- -CLZCA{RW(O)R,, +(0)+2R2, (1) + R, (0)+ 2R? (HZ]T)}

c

L
2 {ZR JOR, ( f)+4th(T)R (T+4f,)}

CZCL G‘Tw{ mv+gTM+\/—T}

+¢'ch sz{i (T +T2)+T2 gT. T }smc (B7)

2 sYs,v Sys,v

+CZCL(;3{4(T3 T2)-T2 - [¢T,,, }sincz(BT)cos(4nﬁ.T) (A2.5¢)

cch Gz{ gTT \/_mv }smc (BT)sin(4af.7)

where sinc(B7T + B4—;——) = sinc(B7T) for B<< f..

¢
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R, 2 (D) =R (-0)=(w, (Hwe(t - 1))

_cch 2 __1_ :
== <vv(t) {vh(t T)—v, (-7 af, )}>

R 1
_c 2c {<v (v (t - z‘)>+<v (V2 (t - T—Iﬁ—)>}

CV2R<2v (W, (t=1)v, (t - T—L)>

4f.

_ &k : 1
== {RV,V(O)RM(O)+2R,,(T)+R (0)+2R?%,(z +41‘6)}

c.C

> {— 2R, ,(O)R, v( ar

4

CCRGT {SM

2 v sys,v
+CVCR G2
2 v
CVC
+ 2R Gz{ (Tz'_Tz) T'sisv

CZCRGZ{ gTT +\/— .

(r? +T2)+T2

sy§,v

4>|0e & oo

) 4R, ,(T)R,, (T+L)

4f. }

~JeT,,, }smc (BT)

¢T T, }smc (BT)cos(4rf,.T)

T, =T

SYS,V

}sinc2 (BT)sin(4xf.7)
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Wa (W, (1 = T)) = <[vv(t)+ v OFb, -0+ v,c-F)

wP wP (T)

=220+ i+ 2,00l be-n+vie-D+2,0-1)v,0-0)

ESN '_UQM ESN qum /\

{R,(0)+ 2R, (0)R, ,(0) + R, (0)+ 4R, (O)R, ,(0) + 4R, , (O)R, ,(0) + 4R?,(0)}
+ {2R2 (7)+2R%, (D) + 2R (1) + 2R2, (1)}
2

+%”{4Rv’v(1')Rv!h(z') +4R, (7)R, (1) +4R, ()R, ,(0)}

+—CL{4Rh‘h(r)Rv,h(r) +4R, ()R, ,(T)+4R,,(D)R, ,(7)}

Cp 2

4 Gv{ sysv+gTysh+\/—T}

4 Gf{Tm Lyt 8T +\/—T } sinc*(BT)

: Gz{TwS ,+ 8T, +eT, } sinc®(BT) cos(47f,7)
(A2.59)
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Rop st () = Ry o (=0) = (wp (D) w,, (¢ = 7)) = ;” (@ +v,@FD, (t-0)- v (t-f)

C”CM o (2o + 20+ 20,0 v, O b -0+ 2 (-0~ 20, - 1) v, - D)
= &:—M{ij (0)+2R, (O)R, ,(0)+ R, (0)— 4R, (0)}
CP:M 2R (1) +2R?, (1) + 2R () + 2R, (1)}

+£’°§—M{— 4R, (T)R, ,(T)+4R, ,(T)R,, (1)—4R, (TR, (1)}
L AR, (DR, (D) 4R, , (DR, (D= 4R, (DR, (©)}

C”:M Gz, + 6T, f - o7}

+ G, A, - T, P+ 5T pinc?(Bo)
+ 22 GT,,, — T, f - o7 binc* (Br)costat o)

+ CP:M (;V2 '\/E{Tsys,v gT;vs ' 4SinC2(BT) Sin(4w‘€1‘)

(A2.5h)

Rop (D) = Rypp (C0) = (wp (YW, (1 = 7)) = CP2Ch <[vv O+v,OF vie - r)>
= %(Vf OVEE =)+ Vi@V (=) +20,(0) v, (R =)
- fl’%{zRW(O)Rh,,, (0)+4R2,(7)+2RZ, (0)}

L SeC

; 4R, (r)+4R, ,(O)R, ,(0)+8R, (DR, , (D)}

2Ch ngTwh{ sy_sv+gT)sh +\/_T}

2
+£chh sz{(gTM —@Ts) +§T42}Sincz(37)
2
L Gf{(gm.,, +§T] —-j—rf}sinczwr) cos(477,7)

+%Gfg{—%—\/ETSD,X_,,}T“sincZ(B 7)sin(47f.7) (A2.51)
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Rop i (F) =R,y o (-7) =W, ()W, (t - 7))

PoL 2 1 ’
=%<[vv(t)+vh(t)] [vh(t—r)wv(t— i )} >

P4 - <[V O +v,OF vt =0+ [, +v,OF v - r—ﬁ)>

+ CP:L <2[vv )+ v, O v, ¢ =, (¢ - 4;( )>
CL G ( Aysv +gTysh +\/_T X s)sv +gTsyAh +\/§T4)
2

_{ ﬁmw} { L om o

k]

+ E‘EEE G2 — \/_ \}’Y v )}SIHC (BT) COS(47y€ r)

£
<
(S}

SY8,V

T 3 J }sinc2 (BT)cos(4nf,.7)

(A2.5))
LT\, - Jg (T, + T, YT, + T, Jsinc? (B)sin(4af, )

+ €ry G { Zg Sys,v W\h %(Tf +T42 )}sincz(BT)Sin(“ﬂfcf)
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RwP.wR (T) = RwR,wP (_T) = <WP (t)WR (t - T))

2
pCr 2 1
- %<[vv ) +v,®)] [vh ) =v,(1— i )} >

PCR 1
=%<[VV([)+V;,([) ZVZ(I_T)+[V\'(I)+ vh(t)]zvvza —tT 4fc )>

C,C |
+~!Z_R-<— 2[VV([) + Vh([)]z v,=17)v (1 —7— 4fc )>
- - GVZ (Tm"v + gTV,V-Y.h + \/ETB ) (Tsys'.v + gT\'ys,h - \/ET4)

4
2 2
|:Ts_vs,v + _g (T3 - T4 ):| + {g'r\y.s,h + i;g- (T3 - T4 ):| }Siﬂcz (BT)

2 \/_ 2
[ng'h +—2g—T3] —[T%V +TgT3] }sincz(Br)cos(My‘CT)

CPCR 2 . 2
+—=G weT. (wa -gT,, ) inc”(B7t)cos(4xf,7)
Tl ) (A2.5K)

+ 22 G) {" gTT, + \/E(T3 -T, )(T,ys,v +8T,,, )kincz (B7)sin(47f.7)

+ 2k Gf{ngAy.g,VTY),s,h +o (T )}SiHCZ(Bf)sin(MﬂT)

2

R @)=y Oy (1= 0) =2 ([, ()= v, OF = = v, 0 ~of)
2
=%"1—<[vv2(t)+vf(t)—2vv(t)-v,,(t)]- b2 -n)+v2-0-20,0-1) v, - D))

2
= SR (0 + 2R, (OR,,(0) + R}, (0) = 4R, OR, ,(0) = 4R, (R, (0) +4R, o)

v,h

2
+CTM bRz (0)+2R2, (1) + 2R2 (D) + 2R, (D)}

+534—{- 4R, (T)R,,(T)—4R, (DR, (1) +4R, (DR, , (D)}

2
+ —CZM— F4R,, (DR, () - 4R, (DR, (1) +4R, (DR, (D)}
C2 2
= —f_GVZ {T;ys,v + gTvys,h - '\/ETJ}
2
+ G, + 8T, —E T sine’(BD)

2
+ 562, + 6T, ~ 8T sinc’(Brycostan o

(A2.5])
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RwM.wh (T) = Rwh,wM (_T) = (WM (t)wh (t - T)> = ﬂzgh— <[vV (t) - vh (t)]z V,% (t B T)>

= WL (2 =)+ OV =)= 20, (1), (V=)

= —CM Ch {R (O)Rh h (O) + 2R v,k (T) + R/?h (0) + 2R h.h (T) 2Iah h (O)Rv h (O) 4Rh J (T)RV h (T)}

€
2 N GZgTVé h{ mv W"' ‘/7T}
2
CyC g g :
+ M2h sz{(gT _‘/_;_n] +ZT42}s1ncz(BT)

sys.h

+—CM20" G, {(ng,h ‘/3 ng " }smc (BT)cos(47,7)

2
(A2.5m)
Rt (D) =Ry g (-T) = <WM (Ow, (- T)>
1 2
CM L
== <[ ®-v,OF I:vh(t—-z')+vv(t—2'—4fc )} >
_wCs <[v O —=v,OF Vi -1 +[v, ) -v, O] v (t~r—2?)>
+5‘%<2[vv<t>—vh<t>]2vh (t=w (-7~ 4; )>
4(:1 Gz(snv s\\h ‘/—T) (\uv+ngh+\/—T)
4CL Gz”: 5 _[— T -T, )jl !: sys.h ‘/22- (T3 '.T4):l }SinCZ(B’Z')
2 2
+ &1 g2 {— (T , ——in] +[ gT... —l/:"—nJ }sincz(Bz') cos(47f.7)
4 e w9
CyCrL 2| 842 L2
+_M—L—Gv {—_Téi - gT4 Try.s v ng h)}SIHC (BT)COS(4#¢-T)
4 2 Ve (A2.5n)
+—CL4£LGV2 {"/E(Tli - T3 )(Tsvs.v + gTs\v h )_ gT3T4 }SinCZ(BT) Sin(4ﬂ;,7)

+Sulig {2g T + 5 3 4T )}sinc2<3r>sin<4fair>
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Rz (D)= Rp oy (-7) = <WM Owy (- T)>

CuCr _ 2 _ 3 1 ’
——Z—<[vv(r) 0, 0] [vh(r) == f(.)”

= cM4cR <[vv O -, OFV:e-t)+v, &) =v, O v -7~ _1_)>

4f.

Cule | _ N ol
= < 2y, -y, OF v, -0, (¢ -7 Z fc)>

= %sz (T.s)w,v + gT.s'y-s‘,h - '\/ET3 ) (Tsys,v + gTMh _ \/§T4)

st {[gr g v 4|1, em) }sinczwr)

s sySV

+%G&{—[me —ﬁnj +[gTw —@TJJ }sincz(Br)cos(M;fcr)

> :

+ M G&{_ §_T42 + '\/ET4 (Ts‘yx.v - gTs'ys,h )}sincz (B T)COS(47QCCT)
4 2 (A2.50)

+ CM4CR sz {\/E(TB + T4 )(T\'yx,v + gT\'ys.h )_ gT3T4 }sinc2 (B T)Sil’l(470((.7)

+ % G’ {— 28T, T, — % (r2 +17 )} sinc?(B7)sin(4f.7)
Rwh,wh (T) = <wh (t)wh (t - T)>
STACHOH ) (A25p)
=c{rR?,(0)+ 2R?, (1)}
= c,vazg T2 [1 + sinc? (BT)]+ c,fGVZg ?‘Tj&hsincz (Bt)cos(4rf,T)

sys.h
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Rwh,wL (7)= RwL,wh (-0 = <Wh (Ow, (- T))

2
1
=%<vf(t)[vh(t —-T)+v,(t —T—E)} >

1 1
- %<vﬁ OVt =)+ v (W2t~ T~ a0t 2 (e =T, (t -7~ zz)>

CL ngTvv h{ sys,v + gTVA h +\/_T }
+%G2{ Tontg Lo (T2 +T2)+ TeT,, h}sincz(Bz')
ZCLG { T:\vh—zg( ) \/_T;lg Hh}SIHC (BT)COS(479(‘T)
+—ch—ZCAG3{—%gT3T4 ~JaT, gTw}sincz(Br)sin(W;)
(A2.59)
Rwh,wR (T) = RwR,wh (-T) = <Wh (t)wR (t - T))

chch <Vh (t){v,,(t -0)-v,(t-7 —4—}2)} >

2,0 2 2 L 1
= <vh A e ey e 7_4_ff)>

%szg];ys ,,{ v T 8T h \/_T}

+""‘chchG{ 2Ts:sh+4g(T2+T2) \/_7:& \sh}SIHC (B7)

+ LGl g mh—%g ~17)-gTieT, Hh}smc (BT)cos(47/.7)

S GZ{ ;gTT +VgTg Ay\h}sincz(Br)sin(‘VW)
(A2.5r)
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1 2 I 2
I )} {V;.(I—T)Jrvv(t— 4fc)} >

¢

2
RwL,wL (T) = <wL(t)wL(t - T)) = %<|:vh (t) + v, (t -

2 1 7 1 1T
Z {[ . (0)+R,,(0)+2R, ”(Z]{)} + Z[Rhyh(r) +R,(7)+ R,w(r+4—fc) +R,,(T— i )} }

=£4-’ZG (YySV mh+\/——T)2
+TLG (va W,JH[—T) sinc*(BT1)
7 GZ(T +gT,,, +J—T) sinc®(BT)cos(4af.7)

SY$.V

(A2.5s)

RWL~WR (T) = RwR,wL (_T) = <wL(t)wR (t - T))

_CCh _ 1 2‘ L o 1 :
== <‘:vh(t)+vv(t 4fc)} [vh(t -y, (t—7 4fc):|>

v {[RM(O)+R”<0>] ~4RZ,( f)”[R (O R+ R (e )= Ra(e )H

=26, + o7, F -o72}
+ %2 G, o, + 6T binc(80)
+ LG, ~ o7, J - 67 bine(B7) costam0)
_C_L‘tcicgw/gra(rw gT,,,., Binc* (BT)sin(47,7)

(A2.51)
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Rz (D) = (We (W, (= 17))

2 2 ’
c TP B D) —v(t—T——
_T<{Vh(t) v, (t 4fc)} {vh(t )-v(-7 4fc)}>
: LT 1 3
_ %{{R ©)+R,,(0)-2R,, <4_fc)} ' Z{R"'" OF KO R g Rale= Zﬁ)} }
C

2 ) o
= K G\j {Ts’yx,v + g’rsy.s‘,h - JE’I;}
2
+£¢; fr.., +eT,.,—JgT, fsinc*(B7)

2
C ] .
+ _‘f_ sz {Tsys.v + gTsyx,h - gT4 }IHCZ(B T) COS(479“CZ-)

(A2.5u)

Spectra And Cross Spectra
The power spectra and cross spectra of the radiometer signals are found as Fourier

transforms of their auto correlations and lag cross correlations. For signals w,(¢), w,(f),
wy, (t) , w,(t), w, () and w,(¢) , the power spectra and cross spectra are given by

S (f)=cG T2 6(f)+ G T H(f) (A2.62)

wyv,wy v v sys,v v v T sys, v

SWVvWP(f) = ﬁGVz]},V&V{Y;YS,v + gZ‘ys.h + \/-EE }a(f)

2
+222 G2 {T +§T] +E72 () e
Surrn (N =G, AT, + 6T, ~ TS
+%G{(T ——‘/ZET] +§T3}H<f) e
Sy (f)=¢,c,G28T,, T ,6(f)+ %Gf g2+ T2 H(f) (A2.6d)
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St (V=L T, + 8T, + BT 00

§L62{4( T+ T+ TS, + gTWT}Hm

wva(f)_ - CR Gv sysv{ SYS,V ng‘ys,h _\/En}a(f)
;’* 62{4( T+ T+ T, = 8T, }H(f)
2

Supr(F)= LG, + 8T, 8T 801

+ 2 G, + T, g HOD

SwP,wM (f) = &%Gz{(jlvs v A\J h)z gT }5(f)

+%sz{(rvy\v_gTy‘h)z+gT }H(f)
wah(f)_CpchG2 ‘§},{7-‘sy3v+gTV~‘h+'J_T}5(f)

2
CpCh 2 Vg 8 2
2hG {|:gTsysh+ 2 T3:| +ZT:1 }H(f)

waL(f)_ CLG ( xyvv+gTy\h+'\/_TX syvv+gT}sh+'\/_T b‘(f)

46{[ {‘imm)} {gm ‘/2E<T3+T4)Hﬂ<f>

SwP,wR (f) - CR GZ( m v + ng h +'\/_T) ( SYS.Y syx.h —'\/ET/& b‘(f)

2 2
+i;j&cz{{m,‘.+@<n—n>} [gTM ‘/_(Ta—n)} }H(f)

2
SwM,wM (f) = C_Mc;v2 {Tvys,v + ngys,h - \/§T3}2 5(f)

CZ GAHT,. ., + T, , —JeT.f H(f)
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(A2.6g)

(A2.6h)

(A2.61)

(A2.6))

(A2.6k)

(A2.6])



C,,C
Suw (1) = LLG2T,, RS e e Y

2
g
—%T] +ETEH(S)

+ ————CMzc” sz ( eT

Sur'M.»'L(f):%GvZ(T;yrv svsh \/>T) ( sysv+gT)fh +\/>T k(f)
+ cM4CL Gzﬂ _g(n —T4)] +[grm_h —-‘/—;‘l(n —TJ} }H(f)

SwM,wR (f) =

CM4CR sz (T\)r v x;s h \/>T ) ( sy\ v S)’S.h - \/ET4 b(f)
+UEEG] ﬂ ‘/ZE 7 +7, )} {T e, +T4)} }H(f)

2

Swh,wh(f) C2G2 2T2

$YS, h5(f)+C2G2 zj'li hH(f)
wh wL(f)_ CL GZgT)sh{T;'ysv-l_gTvsh-l_\/_T }5(f)

C,C
+%G3{ T2+ 4g(T2+T) +sT,g M}H(f)

wh WR(f) = CR ngTy\ h{j-:'ys v + T;\v h \/—T }5(f)

+—‘%G&{ T el 4 T2 - Vi ,sh}mf)

'hih [N

uL nL(f) -

LG, + 4T, +8T.) 5(f)+—L—G2(TW+gTW +JgT.VH )

(A2.6m)

(A2.6n)

(A2.60)

(A2.6p)

(A2.6q)

(A2.61)

(A2.65)

S e f)=5le LCR cr,., +eT,.,F - }5(f)+CLCR 1, -, f +eT2H(F) (A2.61)

SwR,wR (f) = Ef sz {T.‘s‘y.y,v + gILys,h - '\/;T4 }2 J(f) + % G;-) {T.‘sysw + gT\‘y,\'.h - -\/ETZ‘ }2 H(f)

(A2.6u)

where the Fourier transforms of the terms modulated by sin(47f,.7) and cos(47f,7) in the

expressions for auto correlation and lag cross correlation given in (A2.5) are not included
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here because they will be removed by the subsequent low pass filters. In (A2.6),

g=Gy/G, is the gain imbalance between v- and h-pol channels; S (f) is the spectrum

of w,(#) and §,, ,,(f) is the cross spectrum of w,(f) and w,(¢). The “hat” function,

H(f) in (A2.6), is given by

I
H(f)—B(l ' BU for|fB (A2.7)

=0 otherwise
The power spectra and cross spectra of signals x,(¢), x,(t), x,,(®), x,(t), x, ()

and x,(¢) at the output of the low pass filters can be found from (A2.6) by

Sus(F)=8 o (LA (A2.8)

where a =v, P, M, h, L and R and where L(f) is the transfer function of the low pass filter,

defined as zero for I f ] 2> 2L and one otherwise, where 7 is integration time,. Near DC,
T

the hat function, H(f), can be approximated by its value at f=0. The power spectra at

|f| < 2—12_- are given by

2
S, . (f)=GT2 5(f)+2GT?

v VvV sys, vy B VvV osys,y (A2'9a)
CC
8, /()= EEGIT, T, + 8T, + ST 0
2 (A2.9b)
vl (Jeg| &g
2B . 2 4
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S (D=6, + T, ST B0

2
c,c g g
+=HLG) [71)’3”—_\/;-7;] +ZT42

2B
_ 2 C;, 2
Sv,h (f) - CvChG gT‘v)s vT:'yc ha(f) +—=" G { + T }

vL(f)—CCLszTluv{sysv-i-gT vh+'\/—T}5(f)

sys,v sys,v
4 Y.

+—62VZL Gf{ﬁ(T2 +T2)+T2, +./eT, T}

v, R(f) - CR szT'syv v{ sys,v \y\ h '\/—T }5(f)
+%—R-cz{£<wz>+m Ve, .}

2B 4

PP(f)_ CP Gz{ avsv+gTvsh+\/—T}5(f)

+4;G {ZVAV+gT}5h+‘\/—T}

mn—c%Gﬂhv T,,f el 5(f)

el o, o)

Ph(f)" CP g G gT)ah{wav-}-gTy\h-lp\/_T}a(f)

2
%G{&am+%§nj+§ﬁ}

2B 4
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s,,,L<f>=%GE(TW+gTM VBTN + 67,0 + VBT

c{[ sl o, e <n+n>”

4B

PR(f)_ CP R Gv2( \)sv +gTych +'\/_T) ( ryAv xys,h _\/§T4k(f)
L Cer GZ{[ o _‘/-2—5_(T3—T4)} [gTM+‘/2_(T T)}}

4B

2
SM’M (f) = &LG\JZ{YL)W,V + gT;'_vS,h - \/Eu}za(f)
# S Gt + T, ~ 3T}

4B

CyC
M h(f) =4 ngTn h{T'sys.v + gI'vys,h —'\/-§T3}6(f)
2
mChy 2 \/g 8 2
23”G{[ 773} *ﬂ}

L(f)“CMCL sz( sysv S}sh ’\/_T) (s}sv+gTYsh+'\/_T k(f)
2 2
+ur Gz{[ . __\/E(T3 ‘E)} +|:gTw,,, —@(ﬂ —T4)} }

4B 2

M R(f) = CM4CR G ( sys v \ys h ‘\/_T3) ( ‘,VS v .\'y.r,h _‘\/ET4 b(f)

2

+ EZ_;—& Gf H:gTs'ys,h - —[25 (T3 + T4 )} + I:T\')ns"v - i;g_ (T3 + T4 )} }

Sua(f)=CiGIg'TL h6<f>+—G2 T,

sys,h
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(A2.9))

(A2.9K)

(A2.91)

(A2.9m)

(A2.9n)

(A2.90)

(A2.9p)


file:///ys/v

h L(f) - CL ngT}A h{I'vys,v + g sys,h + '\/_T }d(f)

. | (A2.9q)
+2L GS{ That g 8lE + T )+ eTier, }
h R(f) - CR ngT)v h{Tvys,v + gT;ys,h _'\/En}é‘(f) ’
(A2.9r)
c,C
ZRGZ{ )\h+4g(T2+T2) '\/_7:1 vxh}
SL,L(f)=f4LGZ(TW +8T,,, ++2T,f 5(f)+ G (., + 8T, +eT,] (A2.9s)
R(f) = CL4CR G {( \vav +gT}\h) gT }5(f)+ CLCR G {( S.HV S)Sh)z +gT } (A2.9t)
SR,R(f) = %G\?{Tm,v \ys h \/'T } 5(f)+ G {Tsyw + gTS 5, —\/ET“ }2 (A29U)

In the above expressions, the terms on the right hand side that involve the Dirac

delta function, o(f), are the DC components of the spectrum. The others terms are the

AC components.

The power contained in the DC and AC frequency components of x, (t), x,(?),
Xy (1), x,(t), x,(t) and x,(r) are obtained by integrating over the appropriate portions
of their spectra. The expected values of these signals (i.e. the DC component of their
spectra) are proportional to the four associated brightness temperatures. The variance of
the signals (i.e. the integral over all AC components of the spectra) is due to the additive
noise present in the measurements. The expected value (DC) and variance (AC) are given
separately as

RDC (O) CZGZTZ

v Tsys,v

and R’ (0) = — 62 : (A2.10a)

v \HV
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RPS(0) = CCPG&I:M{W T, ,+eT,]

2
cC
and Rfﬁ(O):ﬁGf (Twﬁ@n] +§7:3 (A2.10b)

RGO =S2GIT,, T, , + 6T, ~ 5T}

and R/S (0)=%G3 (T) ——‘QET}T +§T42 (A2.10c)
R (0)=c,¢,G,8T,, Ty,

and R’(0) = ch,;Gz r2+ 12} (A2.10d)
RC(0) = CCLG?TW{W+gTM+\/_T}

and Rff(O)=—§%Gf{§—(Tf+T J+T2, +eT,, VT} (A2.10€)
RS(0) = CCR Sy AT +eT,,, —+JeT.}

and  R*S(0)= ;R 62{4 (12 +T2)+ T2, e, VT} (A2.10f)
R =G, + 8T, 3T

and RIS(0)= c” Gz{ 8T 5T S (A2.10g)
REG ©) =22 G, , + o, f - 6T]

and R’ (0) =—Zf%63 (T, -1, F+e12} (A2.10h)
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RPDZ:(O) =£E§LG2gTH h{ Sys.v + gT\Ah +\/_T}

2
and R}S(0) = Bch G’ [ Tm‘h+—‘Z—;g—T3) +§Tf (A2.10)

Rl?,i(o) :LG(sycv+g7;sh+'J—-TXsysv+g7'rsh+'J—-T)

$Yy$,V

2 2
and RAS(0)="LL o L LG! {T s +§(T3 +n)} {gTM ‘/E(Ta +T4)} (A2.10j)
Rl?CI;(O) - CP:R sz( .\wv + gTyAh +'J—-T) ( \\rv s_vx,h _'JE-T4)

2 2
and R;?im):%c;f {Tsm—‘/zg(n—n)} {gT”h ‘/E(Y;—L)} (A2.10k)
| . ,

2
RISCM (0) = Ef_ vz{ s)s v \ys h '\/—T }

and R:S, (0)= 43;4 GHr,,, +eT,,, - JeT.} (A2.101)
C,C
Rl\l')liz(o) = _Mz_h_G2gT).\ h{ SY$,V \ys h \/_T}
\/— 2
_CyC 8 8 2
and Ry, (0) —ﬁG&{(ng,h ——2—2) +ZT4} (A2.10m)

m v m h \/—T ) ( svv + gTv,v.\-,h + \/En)

R0 = 22 G2(r
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and R“C (0) = &L G?
.1 (0) ABr

C
R = 222621

and Ry (0)= LRG| oT,
e D=5 G| 8

R’ (0)=c;G’g’

and R} (0)=

TZ

\)s v

_g(n _n):! +{g7]yx,h —g(Ts —71)}

sy& v syv h \/—T ) ( w v »\'y-r»h - ‘/—g—T‘*)

sys,h

sys,h

v sys,h

h GZ 2T2
Bt

Sys,v

——@(mn)}[T —@(mm}z

RIS )= LGlgT,, T, + 6T, + VsT.}

AC s _ ChCL 2 1
and Rh,L(O)—Z—hB—!;Gv{g Y:ysh+4g( ) \/_T:;g sysh}

C
REEO)=5GRT, R

s =VET]

and R;'$(0)= CRG2{ MJ’ig( T )-/sT.eT. M}

RPS(0) = "’LG(S,”+gTy‘h+~FT)

and RAi(O)_

(syAv

R0 =G, + 6T, f - a7

and R0 =526 {r

RPS(0) = CR ar

sys v

X\\ V

.Yy.v,h - \/4—5’— T4 }2
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+gT,,, ++eT,)

s\\h)z+gT }

(A2.10n)

(A2.100)

(A2.10p)

(A2.10q)

(A2.10r)

(A2.10s)

(A2.101)



2

C 2
nd Ri)= -G, +oT,,, ~oT,] (A2.100)

Sys, v

where RPS(0)=(X(1))-(Y()) and R;S (0) denotes the variance of X(t) if X(t)=Y(t) or

the covariance of X(t) and Y(t) if X(1)=Y(t).
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Appendix 3

Covariance of Correlating Polarimetric Radiometer Signals

The signals v, (£)-v (), n,(t), n,(¢t), b,(t) and b,(t) and their statistical

properties are identical to those associated with Appendix 2. The signals in the cross-
correlating channels of the radiometer, prior to low pass filtering, are given by

w (D) =v, () v, (1) (A3.1a)

w,(t)=v,(t— —4—1];—) v, (1) (A3.1b)

After the low pass filter, the correlating channel signals become x3(¢) and x4(t)
respectively.

The procedure followed to derive the covariance relationships between the three
low pass filtered signals is similar to that for the hybrid combining radiometer, as

described in Appendix 2. The auto correlations and lag cross correlations between

signals w, (¢), w;(¢), w,(f)and w,(¢) can be expanded as

R,y 0 (D) ={w, (W, (t ~1))
= (R @ewe-1)
=R’,(0)+2R] (7)
=G’T2  +G>T? sinc*(Br){l+ cos(4nf.7)}

v S sysy v S sys,v

(A3.2a)
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R, @) =R, 0)=(w,(Ow(t-1))
= <vv2 @, (t—-17)v,(t— T)>
=R, (O)R,,(0)+2R, (T)R, ,(7) (A3.2b)

vV sys,y Vv osys,v

=[g_G2T T3+£G2T Tsinc*(B7)
> ,

+ @GZT sinc®(BT){T, cos(4nf,7) — T, sin(4xf.7) }

v sys,y

va.w4(T) = Rw4,wv (_T) = <wv (t)w4(t - T)>

1
= <vvz(t)vv(t -T- F) v, (- T)>

4

= RV,V(O)RV,,,(—ﬁ) +2R, (r+ ﬁ)RM(r) (A3.20)

¢

_GNGG, . .., GGG, T

sys,v 4 2 sys,vh 4

sinc*(B7)

RAY

-G,4G,G,T {%—sin(4ﬂfﬂ') + %cos(4ﬂ,ﬁ_f)}sincz(B 7)

va,wh (T) = Rwh,wv (_T) = <wv (t) w, (t - T)>
=(Vi(twp(t-1))
=R,,(O)R, ,(0)+2R%,(7) (A3.2d)

=gGT,, T +%Gf{]}2+T42}sinc2(Br)

v sys, v sys,h

+ -i—Gfsincz(B DT? - T?)cos(dnf,7) - 2T, sin(47f.7) |

R0 = (w,(Ow;(t = 1)) = (v, (1), (O, (t = T) v, (t = 7))
=R, (0)+R, (D)R, ,(T)+R,,(T)R, (T)
(A3.2¢)

SyS,v

= %GETf +0.5¢GT,, T, ,sinc*(Bo){l+cos(dnf,0)}

+ %Gf sinc’(B T){T32 ~T) +(T7 +T}) cos(4ﬂfcr)}
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R,,.4(0) = (W, ()W, (t - 7))

= <vv(t)-v,,(t)vv(t—1'— 4; )-v,,(t—r)>

4

1 1 1

=R, (O)RV,,, (—4—fc) +R, (T+ 4—f.)Rh’h(r) + Rv’h(r)R,,,v(r + 27)

_ GG, T, + G
4

_ Gth 2T T 7-;2 +TZLZ
4 2

sys,v©sys,h +

C c

“4G" T,T,sinc’(BT)

}sin(4ﬂfcz')sinc2 (B1)

Ry (D) = Ry (=) = (wy (0w, (1 = D) = (v, (1) v, (1), (= 7))
=R, ()R, ,(0)+2R, (DR, , (1)

= ‘/EGZT.

v sysht3

3
+ ——-—Vi G’T,, ,sinc*(BT){T, + T, cos(4f.7) — T, sin(4f.7)}

R, (D) = (w,(Ow,(t—7))

1 1
= <VV(I—F)'Vh(t)vv(l—T—ZT)'Vh(t—T)>

1 1 1
= R?,(——=)+R, (DR, ,(D+R, ,(t——)R, (T+—
»,h( 4fL ) v,v( ) h,h( ) v,h( 4fL ) h,v( 4fC )
2 _ g2
B Glfh T42 + Gv4Gh {zn')’s,xj-;ys,h + Tll- 2 7} }SinCZ(BT)

2 2
+ —GV4Gh {zrsysuv]lys,h + %}Sincz (B T) COS(4@€CT)

Rw4,wh (T) = Rwh.w4 (—‘T) = <W4 (t)wh (t - T)>

1
= <Vv (t —?) v, (t)v,z, (r— T)>

¢

1 1
=R, (_F)Rh’h (0)+2R, (7~ ZF)R""' €2)

c ¢

JG,G,G GGG
- v2 — Y;ysuhT“ +—v2_h—,LT\‘y.s',hnSincz(BT)

JG.G,G
+ AT, {T, sin(4xf,7) + T, cos(4xf,7) sinc* (B 7)
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(A3.2g)

(A3.2h)

(A3.2i)



R,y (2) = (w, (O, (1= D) = (v (O)v; (1= 7))
= RZ,,(O) + 2R2,,(z')

= g2G2T2

v sys,h

+ g2G2T2

v sys,

,sinc’ (BT){L + cos(4nf. 1)}

(A3.2))

The power spectra and cross spectra of the radiometer signals are the Fourier

transforms of their auto correlations and lag cross correlations, respectively. For signals

w, (), w,(t), w,(¢) and w,(¢), the power spectra and cross spectra are given by
22
S (F)=GT,,

wv w3(f)_‘\/— 2T

V sys,v

Swv,w4 (f) =

V Gth T
2

S(f)+G’T?

v = sys, vH(f)

e L0Cf) +

T5(f)+‘/2E G T, LH(f)

E’__S_G S8, vTH(f)

S ()= gGT, T, 6(f)+% G{2+T42}H(f)

Svn(H=SGTS(N+ LG, T, H+E G
Sy s (f) = Gh 1,6+ G T H )
3 3
vaB.wh(f):‘\/—_ v svshTJ(f)+‘\/—_ v ;)\hTH(f)

W4 w4(f) - h Tza(f) G {271.)“. T

G, G, G
SW4,wh(f) =—_—lzh_hT

22
T's\\h

Swh,wh (f) = ngv

sys,h

S(f)+ g’G’T?

v Tsys,h
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Vosysh

T,0(f)+ ¥ ih f’l hT

H(f)

~T2H(f)

2 2
et }H(f)

sys,h

T,H(f)

(A3.32)

(A3.3b)

(A3.3¢)

(A3.3d)

(A3.3¢)

(A3.3f)

(A3.3g)

(A3.3h)

(A3.31)

(A3.3f)



where the Fourier transform of the terms modulated by either cos(47f.7) or sin(47f.7) in
the expressions for auto correlations and lag cross correlations in (A3.3) are not included
here because they will be filtered out by the subsequent low pass filters. In (A3.3),

g=G#/G, is the gain imbalance between v-pol and h-pol channels; S, . (f) is the
spectrum of w,(¢), and S, ,(f) is the cross-spectrum of w,(¢) and w,(¢). The “hat”
function, H(f) in (A3.3), is given by

1
H(f) = E(l - %D for|F(B

=0 otherwise

(A3.4)

The power spectra and cross spectra of the signals x, (t), x,(¢t) and x,(¢) at the

output of the low pass filters can be founded from (A3.3) by

Sun(F)= 8,0 ()L (A3.5)

where a = v, h, and 3 and where L(f) is the transfer function of the low pass filter, defined

1 . .. . .
as zero for I f | > —2— and one otherwise, where t is integration time,. Near DC, the hat
T

. . 1
function, H(f), can be approximated by its value at f=0. The power spectra at | f | <—

2T

are given by
S, (f)=GT,, 0(f)+— Gv Ty, (A3.6a)
v3(f) \/— VZTL\& de(f)+\/—GvT;vvv 3 (A36b)
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S, .(f)= ‘/2:9— G mde(f)+‘/_Gva T (A3.6¢)
S,,(f)=gGT,, T, h§(f)+—G 2 17} (A3.6d)
S,.(f) =2 TG, 5(f)+—Gva T+ 851’9 crz -2} (A3.6¢)

S;4(0) =L GITLE(f) + - GITT, (A3.6f)

S4,(f) = ‘/2_3 GT,,, T,5( f)+‘/_Gva T, (A3.6¢)

S.4(f) :fcfz‘ja( f)+%cz{zrwrw #} (A3.6h)
S (=Y ‘/_3 GT,, T,6(f)+ ‘/;GVTN,, , (A3.6)
sh,h<f)=g263t%\h5<f)+%f GTy, (A3.6))

In the above expressions, the terms on the right hand side that involve the Dirac

delta funcgtion, &(f), are the DC components of the spectra. The others are the AC

components.

The power contained in the DC and AC frequency components of x, (t), x,(¢),
x,(¢t) and x, (¢)are obtained by integrating over the appropriate portions of their spectra.

The expected value of these signals (i.e. the DC component of their spectra) is
proportional to the four associated brightness temperatures. The variance of the signals

(i.e. the integral over the AC component of their spectra) is due to the additive noise
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present in the measurements. The expected value (DC) and variance (AC) are given

separately as

RDC (0) G2T2

v sys,v

and R (0)= G2T2 (A3.7a)

vV sys,v

R’ (0) = £ G’T,, T,

v sys.v

v sys,v3

and R (0= ‘/_ GT. T, (A3.7b)
Bt

RP¢(0) = ‘/EGZT T,
v,4 2

Vv sysy

v sys,v 4

and RAC(O)—I— T T (A3.7¢)
Bt
R’7(0)=gG.T,, T,

v Lsys, vt sys,h
and RAC(O)—— U272} (A3.7d)
Bt
R}y (0)_ Lerr?
and RIS(O)=—-G*{2T. . T Lo (A3.7¢)
3.3 4BT SYS,V \vxh 2
DC _ 8
R (0)= ZGVT3T4

d RAC(0)=—3—GT.T, A3.7
an 1.4 (0) 4B7 ¥ ( f)

R"C(O)_‘/_3 T T,

v sys,h
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3
and Ry, (0)= 2£G2T.

v Ssys,ht 3
DC _§G2T2
R4,4 (0)"‘ 4 v©4

T} -T;
and RISO)=-2-gor T , +-4+"2
4,4( ) ABT v sys,v o sys.h

2

' 3
R (0) = i GT,,,T

v isys,ht 4

3
V8
and R (0)= BT G1T,,,T,

R’ (0)=g°G.T;

v = sys,h

and R (0)= “l_ngsz
' Bt

v < sys,h
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Appendix 4

Correction for Impedance Mismatches at the Radiometer Input Port

A model for impedance mismatches between a radiometer receiver and its antenna
has been developed by Corbella er al. [57-59]. Their approach is adopted here. The
brightness temperature of the CNCS active cold load is determined by a two-point
calibration using an ambient temperature coaxial termination and one immersed in LN».
The digital counts measured by the RUT while connected to each of the LN, reference

load, ambient reference load, and CNCS active cold load are, respectively, given by
Copp = g{AuverLNz +|ALN2|2|FLN2|2Tr +2RelA,,,T,,T. ]+ TR} (A4.12)
wa = g{A CNCS |2 Tmf + |ACNCS |2|FCNCS ’2 Tr + 2Re[A CNCS FCNCS T( ]+ TR } (A4- 1b)

2 2 2
Cewa =8 {ACNcsl Teoy +IACNCSl lFCNCSl T + 2Re[ACNCS CenesT. ]+ TR} (Ad.10)
where g is the radiometer gain, T;x2, T, and Tc,u, are the brightness temperatures
of the LN, reference load, ambient reference load, and CNCS active cold load that would

be measued by a radiometer with a perfect impedance match, /7y and 7I¢ncs are the

voltage reflection coefficients when viewing the LN, reference load and the CNCS active
cold load, and A, = (1 - S11,md1})”1 (for y = LN2 and CNCS), where S 44 is the input

reflection coefficient of the radiometer receiver. In (A4.1), T, is the noise temperature
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exiting the receiver toward the antenna, Ty is the traditional receiver noise temperature,
and T, is the component of 7, and Ty that is correlated. For cases of high isolation at the

radiometer input port, 7, is given by [58]

SIZ,FES;Z,FE ] (A4.2)

T, = —TphyLSII,FE + *

SZI,FE

where T, is the physical temperature of the radiometer front end components preceding
the first gain stage and Sy, re for x,y=1,2 are the S-parameters for the radiometer front end
(see [57-59] for detailed definitions of these noise temperatures). Port 1 for these S-
parameters is the input to the radiometer and port 2 is the output from the first gain stage
of the receiver (i.e. the point after which internally generated noise ceases to have a
significant effect on the overall receiver noise temperature). The fact that the radiometer
includes an isolator at its input port with a good (~25 dB) level of isolation insures that 7,
is approximately equal to Tpy.

All of the reflection coefficients and other S-parameters in (Al1)-(A3) can be
measured directly using a network analyzer. The warm and cold reference brightness
temperatures, T,.s and Tjy, are also known. The remaining 3 unknown variables (g, Tr
and T¢,y), can be solved algebraically from the three simultaneous equations (A4.1). The
value for T¢,y determined in this way is the brightness temperature that would be
presented by the CNCS active cold load to a radiometer with a perfect impedance match.
For the L-Band CNCS, Tcoq is found to be approximately 2 K different than its value
would have been had the effects of impedance mismatches been ignored.

The effect on the measured Stokes parameters in brightness temperature of

impedance mismatches between a radiometer’s antenna and its receiver, and of cross-talk

176



between the orthogonal polarimetric channels of a radiometer’s antenna, has also been
considered previously by Corbella et al. [58]. Their approach is again adopted here,
replacing the antenna by the CNCS and using the impedance mismatch and isolation

characteristics of the CNCS. The modified Stokes parameters are related to the true

values by
- ;A FT T
T 1 0 00 7.,
T | 0 1 00T, T" A3
T3’ - 2 Re{S;vSI*l,mzl,v } 2 Re{SvhSl Lrad .h } ]‘ O T'ex,S T3 . )
T4, 2 Im{S;vSl*l,razl,v } 2 Im{SvhSl 1,rad .h } O 1 Tex,4 14

where T,’ are the modified brightness temperatures and T, are the values that
would have been measured if the‘ impedance match was perfect and there was no
polarization cross-talk (y = v, h, 3 and 4), S, (x,y=v,h) are the S-parameters of the CNCS,
Si1radx (x=v,h) is the reflection coefficient at the input ports of the RUT, and the
subscripts v and A denote the vertically and horizontally polarized channels of the CNCS

and RUT. The offset brightness temperatures, T, (y = v, k, 3 and 4) are defined by

T, =|S,['T., +|S.I°'T,, +2Re{s, T, } (Ad.4a)
T, =S’ T, +|S.|'T,, +2Re{S,, T, } (A4.4b)
T, ,=2Re{S, S.T., +S,SpT,, + ST +5,T.,} (Ad.4¢)
T,,=2Im{S, S.T., +S,S,T ., +SiT +S,T.,} (Ad.4d)

See [58] for detailed descriptions of these correction algorithms.
The corrections to the Stokes parameters given by (A4.3)-(A4.4) can be

incorporated directly into the elements of the polarimetric gain matrix and offset vectors.
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Define G and O as the gain matrix and offset vector of the RUT prior to correction, and

G’ and O’ as the same after correction. Using (A4.3), they are related by

1 0 00T,
0 1 00T,
[G|0]=[G"107):| 2Re{S;, 8, .} 2Re{S,S110an} 1 O T, (A4.5)
ZIm{S;vS;l,md,v} ZIm{SvhSll,rad,h} 01T,
i 0 0 00 1
Solving for the corrected values, G’ and O’, gives
[ 1 0 oo, T
0 1 00T,
[6°1071=1G10}| 2Re{S,, 81, i} 2RefS,iS11aan} 1 0 T (A4.6)
2 Im{S;vSI*l,rud,v } 2 Im{SvhSll,rud,h } O 1 Tex.4
I 0 0 00 1

Eqn. (A4.6) is the general expression for corrections to the gain matrix and offset
vector. A simplified special case applies for the CNCS because the isolation between its
v- and h-pol channels is extremely high (~ 75 dB). In this case, S, and S,, can be

assumed equal to zero. The corrections given in (A4.6) then simplify to

100 0 -|sT,-2Refs, T}

0100 'ISthZTr,h"ZRC{Shth,h}
[c'101=[G10]o 0 1 o 0 (A4.7)

000 1 0

0000 1

Eqn. (A4.7) demonstrates that the RUT polarimetric gain matrix is unaffected by
impedance mismatches, provided isolation between the v- and h-pol channels is high.
Only the offset vector is affected. Note that the gain matrix and offset vector would need
to be corrected again using the impedance and cross-talk characteristics of the antenna

when it is attached to the RUT instead.
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